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1. 3R T 5 BR M [ 8K GE LB

I
(1) y= V32 +2; (2) }’=1 e
_x"
3 1
[3))‘=l— 1 —x°; (4) y=— =3
¥ 4 —x~
(5)_-,'=sin\/;; (6) y=lan(x +1);
—— 1
{7) _'!':éil'{?:?-iﬂ{.‘r—B‘); (8) Y= v3 - X + arclan '—T—;
(9) y=In(x+1); (10) y=ev.

reacie g R
iR (I)3x+2_>.0=:-a::5—%.ﬂlliazk’.fgkj~l[ ‘T'”’]‘

(2) 1 -2 50 a1 BWELRF( -0, -1)U(-1,1JU(L, +2),

(3) 240 H 1 -2>=0 =x0 Hlxl <1, B0 XK -1,0) 0 0,1].

(4) 4-22>0 = Ixl <2, BDELH A -2,2).
)

(5) x=0, W@ LW H[0, +0).

(6) x +12kmw +%(o’r eZ) .Euﬁ’-.bzlliﬁﬁf-;r{x

xeRﬂ,xi(#-ﬁ-%—]w— | J.'EZ}.

(7) lx-3I=1=2<x<4 HIE LB H[2.4].

(8) 3-2=0 H =0, B0 L k( - ,0)U(0,3].

(9) +1>0 =x> — 1 HIE XM A( -1, + ).

(10) x#0 Bl LA ( = ,0)U(0, + 2 ).

S A SR R BRI [ SR LB, — M R A b L T SR pR A 5 4 ] B
B 0 S S e sl e T S B , BV AR E UL T S i 0 e R R o ¥
Ik 2 2 R AN 8 -

_Q(x) !
v Plz) #0;

y= Jx,220;

y =log, 2,2 >0;
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¥ = tan x.xaé(ff +2L)1r,kez:

J'=(tnl:|:,:c#k1'r,f1:ez;
y=aresin x, x| <1,
y =areeos x, lx] <.
B2 FOI&E o, il S0 flg(x) REMR? HiFA?
(1) flzx) =lg 2° g(x) =2lg x;
(2) f(x )—Tgtx>=\/€f;
(3) f(x) "\f’t =3 g(l) =x Jt-— :
(4) f(x) =1,g(x) = sec’ x —tan” 1.
fig (1) ASfa],H A LB A R

(2) A6 33 MR g (x) = JF:{

~%, =<l
(3) MIE] . B Hy s SLaR 0 g 3 I 25 4 7).
(4) I, 1A i SUR AR,

a3 iy
31 |.|(—TL,
Isin x|, I« 3
¢lz) =
0, lxl ==

3 L]

T) e =2) SRSy = o () W

in g -3 oe{ )

o) o(3)

i <P(%:') =

-1
G 4. BCIE T 51 el L 46 E 1K R) P ARG S 08
(1) y=

x
| —a
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(2) y=x#Inx,(0, +o ).

(1) y=f(0) =7 = 14— (= 1),
B x, <a, <1 [H2Y
1 | =%
fx) = flz) = |~y = 2 T =1 =) B2

FIRRL f(xy) > /() B0 fCx)FEC -0, 1) P4 HLIRE .

(2) y=f{z) =x+In x,(0, += )

0<x, <x;. AN

) = f(x,) =2 +lnzy —2y —Inx; =2, —2y 20872 5 0,

BT L f(x2) > () B fCx) TECD, + o ) PR 34 0.
B5. B f(x) g LAEC = 0,0) P e B0, 25 /() TECO, ) 9 i 8 I, SIER /(x) 1
( = 2.,0) Pyt 338 1 .
E B -l<x <2, <0, 0< ~x, < =) <!, i1 f(x) BA RS, x,) —flx,) =
—f( =xy) +f( =2, ). AR fOx)FE(O L) P TE B b0, BF LAAC = 2,) =/ —xy) >0, M
SCxa) > f(x) B Ca) £EC = 1,0) Pyt 5098 1 .
ES 6. T A R AY o BUAR R LAEIK A ( - 1,1) LAY, GiEW]
(1) 5~ BRS040 e 10 B, 1~ 45 oFS B A A2 A o B
(2) PG4 10 BF B hh 30 UL 18 eR B0, 5 A 47 R 000 3 B 180 oR BT (8 bR B0 S AT bR
B ofe BUE 7 vR L
I (D) #BACS) L (x)BAMEBE, N J( —a) =/ (x).6( - x) sfh{z).
4 F(x) =f(%) +i(x) , TR
F —x) =f1( - %) "’fz( —x) =,f|(-“'~’) +fg(«¥) =F{x).
B F () o {8 el %L
g (3) g (BN HEHRB Mg, (-x) = g (x),z,( —x) = —g,(2). &
G(x) =g (x) +g,(x), T
G(—x) =g ( —x) +g( =x) = —g(x) —g,(x) = -G(x),
M G(x) K77 PR B
(2) 8BS (2) S () XHBEEBL.M A (—2) =f1(2) L =x) =f(x). BF(x) =
Fikze) = fy(x). T
FQ-x2)=fi( -x) - L =x) =f1(2)fh(x) =F(x),
WL F(x) R .
B gy (x) 22 () ¥ R A oML, 2, ( —x) = —g,(2),8,( —x) = —gy(x). %
G(x) =g (x) - g;(x). S =
G( -2) =g ( =x) g ( -x)=[ =g (D) ][ —gs(x) ]
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=g (%) « gy (2) =G{x),
G () i e B
B () KPR g () WAFBRBL M f( —x) =f(x),8( %) = —g(x). T H(x) =
fx) - glx) T2
H( -x) =f( -x) gl -x) =f(x)[ —g(x)]
= -flx) - glx) = =H(x),
tie H () b 77 ol B
7. T 9 R v I {1 e K, IR e AT e, I I ) R O AR T eR BT

(1) y=a(1-2%); (2) y =34 —2°;

g gl (4) y =a(x 1) (2 41);
I +a°

(5) y=siti & co8.8% L (6) 5 =& *'2”'_:

B (1) y=flx) =22 (1 -2%) %

f=x) ={ -2)2[1 = ( -2)%] =2(1 -2*) =fl=},
FiF L fCx) Ay {8 pR .
(2) y=f(x) =3«" -2 A A
fl=%)=3(-2)%=( -2)? =322 4,
f(=a)#=f(x), B -x)#£-f(x),
T LA/ C ) B Al 11 o B A Ay oR 8L

. I -5* .
(3) v =f(x) = )
| +a~

L= -—:c)‘j'_“l—x
L% (%)% 14%

SO -x2) = j =f(x),
Fi LA %) A A o B
(4) y=f(x) =x(x-1)(x+1),[HN
fl-x)=(=-2)[(=2)=1][( —x) +1]
= —%(x+1){z2 =1) = = flx],
FIFEL () 2 5 PR
(5) y=f(x) =sinx—cos x +1,[EH
S -2)=sin (-x) -cos ( -x) +1 = —sinx—cosx+1,
FO=2) Af(x) B f( —x)#* —f(x),
Jﬂ?!&f{x)ﬁﬁ%fﬁﬁﬁlzﬂ"‘?ﬁ@ﬁ
(6) ¥ =f(x) =5 W S ~x) =TT = ) TR S(x) R

8. T?‘Jﬁ@ﬁ#ﬂlﬂﬂ@ﬂﬁﬂipﬁﬁ? If?ﬁlﬁlﬁﬁ.?&ﬂ"rﬁﬁlm:
(1) y=cos'(x=2); (2) y=cos 4x;

(3) }=1 + sin X3 (4) ¥ =2x€0S X;

=X
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(5) y=sin® .

i (1) e, A =27
(2) J2 Ji ) el i, A 1 =—-

(3) & JEIBI R, M 1=2

(4) A Je Sl 30 R B

(5) REAMEY M l=m7
9. SR T 9 R B SRR R

(1) y= Va+i; (2) y=1—%,
l +x
(3) y -‘”'”J(ad bes0) ; (4) y=2sin 3.:( ~—g—s£x$% :
23
(5) y=1+In(x+2); (6) y=— .
2% 41

O BRI T PR Y AT R AR N of : D—f( D) ik B0 . A< I o T 465 14 1) 45 o8
FO SRy g ARHIC1) ((4) L (5) (6) Py el B3 Ay 0 o BT, SRR AT 7E I ek AL
i3 (I)IHV—\/:;+]W{%X—J =] Eﬂfiﬁﬁ?ﬂy—x - L

u)m}_}”m%r= L W Ry =
+x 1 +
(3) Ph }':a-‘:-'-bm%%x: dT+b EIIFQ’:lﬁ?jV“ dt-i*b
E.'I'l'd (_Jt o% —at
(4) y = 2sin 3x ( _% % g x = % arcsin %—. Bl K2 eR %% b

e oF
¥y ==—-aresin —.
3

2
(5) M J“:I +1In (—r+7)ﬁjﬁii‘%t=e"'[ ~2 BN R AR y=et T -2,

I“Ezl - I ek B v = log, ﬁ

& 10. iﬁﬁ.lﬁﬂﬂﬂiﬁ%Xkﬁii,ﬁﬁ:lﬁﬁf(ﬂfﬁX.tﬁﬁﬁ*]fﬁﬁﬁﬁ%%#%
EEX FMEA ERXATR.
#OR )X AR EFESE M >0 T
If{x) <M, xelX,

(6) P=s

il
-M<f(x)sM, xelX,
MANEX LHLAM TR -
Z HWADEX A LR K FHKH
K,=f(x)<K,, =zelk



— (BFUFIELR) LHITER

m[ M’:maxl IKII,IJ'i;f!gﬂUJ‘ﬁ

If(x) <M, xelX,

I fCx) 7€ X LA 7

11,

1 91 4 SR ol 5 66 BB IR 5 4% 8, O o o S B RSB T

AR B, 0 ox, 0N ERORCMA -

&i12.

= 13.

-
b

B

|9

(1) yzuz,u =ginx ;% =

(&

.

)
3
ﬂ.
4

e

Kl .tz

(2) y=ssina,u=2% % =

(3) y=ii,u=1 #2 % = Ly =2
(4) y=e",u =1’2,.1.f| =0,x, =1;

(5) }-=”2‘H =e + Xy =]!.'-|'-1 = =1

; 1 3
m (:]) ,T=51n2 'Ti_."l =T’J-3=T.

2
(2) y=sin 23,¥; -="—i—_‘y3 = 1

-

(3) y=fl £2% 3 =427, =5

(4) y=e" .y, =1y, =¢.

—

(3) }':f’*:"‘y, =Bl,_]‘2 =L,
) B5E LB D = [0,1] 3K 9045 ok Bny iE 3

(1) Sfx?)s (2) f(sin x);

(3) flx+a)(a>0); (4) fla+a) +flx-a)la>0).
i (10’ <l = zxe[-1,1]

(2) 0<sinzx<1 = zxe[2nm,(2n+1)w],neZ

(3) 0sx+a<] =>z2xe| —-a,l -al.

0£‘.+ 51' | &) ]
(4) { . = “Jﬁﬂ<ﬂ5%ﬂ‘f-15[u-l ““J‘%“;'%HRT'%MQA)@@'

Osx-a=l
i
b,  xl <,
f‘h:):{ 0, lxl=1, g(x)=e",
-1, l=zl>1,

R M) TR0 gl fCx) 101 H 3 PG4 o A PELOEZ

1. x=0.

e ﬂg(:f)j=f(t’1')=[ g, =0,

-1, x>0

E

Fi
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e, Il =<1,
g[fq(x)]::enx‘= l‘ i:\:l:l,

e !, x>l

fle(x) ]85 gl f(x) IEEMEGIME T -2, 1 -3 FinR.

¥
y
_—5 o—c—o
2.-
0 = - I L
—1¢ O el o
~1 @] 1 %
B1-2 El-3

B 14, ELRIK R B BTN SRR B o =40° (8 1 -4). YL KET T ABCD ¥ T
PR R Sy 0, RIEA L(L =AB + BC + CD) 5K h Z 189 e 8006 7 5K, I 48 W

SE S

E1-4
h
AB=(CD=
i sin 40°'R
5 =—2'*h[ac+ (BC +2c01 40° - h) 1,
4
So
BC =— - cot 40° - h,
h
il LA
Se 2 -cos 40°

L=T+ sin 40° :

s
fii h::-OE_TO—em 40° « h >0, B I 35 ] o S0 s 3 R (0, /Sytan 40°).

BE15. &0y Pl LAHENIED={(x,y) 10sx<1,0<sy<1| BRHZE l:x +y=1(1=0).
#S(ORRIEFE DAL T HE I 2 F ks, R S(0) 5 ¢ Z M #8H
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@ Mo<r<l B .S() =%:-3,

W1<t<2 BF,5(e) =1 -;—(2-02: -;;2 §25=1,

Wies2H,S(1) =1.
i

|
E‘#'. D=<ti<gl,

B(2) = —;—;1 F =1, 1ce2,

i I>2.
E16. SREEAEREE(H FRR) MBICEREH C 2 ML, IR
(1) 90 °F fy 5 fc 88 G LR A1 -5 °C S 4 46 (SR AL
(2) BEFE—REE, EFECRE T MBECEET A ERE M2 R
FETE B 4 R R £ 7
R W F=mC+b, K m b ¥R
Bk F=32H%TF C=0°,F=212°§124F C =100°, fif A
212 -32

b=32, m=—l—{-)—0—=l.8.
e F=1. SC+32;EC-% F-32).
5
(1) F=90"°, —3(90 32)=32. 2°,

C=-5°, F=1.8x(-5)+32=23",
(2) HIEHE « FEEE WA
1=1.81+32, t= -40.
HI4E R - 40°15 8t /& 5 [T - 40°.

Ei17. B RAABC 1, H il AC BCHKESHN2015,8h G PN CHE,IF=F
L RIE CoBA BB QN CHE, =AU FiK CoA-B imE
gh, B sh B M sh G HB A Ak, B8 Q Bahnh B & PR R 2 45 R
PRESHMERN x, ACPQ HyE N y. 3K y H x Z M 09 sR B K R.

B [HKAC=20,BC =15, FFLL AB =,/20% + 15% =25.
H120<2-15<20+25 [, 48 P.Q fE#lih AB | #H.

S ox #2x=15 420 +25,18 =20, 124 » =20 &, &5 P.Q #I8. Hilk, BTk @M
TE A (0,20).

(1) H0<x<lOBf, EPHECBLE,HEQFECA L(HIL-5).



F—F HPESWER 1

HICP) =%,1CQ! =2x,4%

Y =X
(2) ¥ 10<2<15Kf, S PTECB L .M QfEAB L(H1-6).
ICPI =x, 1AQ] =2x-20.
B QB BCAYRE R b,
h _IBQI _45-2x

20 25 25
p 4 4
1§h=*3—(45 -2x). 8
¥= %x.’r = %A( 45 - 2x) = -:—xz + 18x.

(3) 2415 <x <200, P.Q #AEAB L(H1-7).
B

B 1-6 F1-7

|BP| =x-15, |AQ| =2x-20, |PQI| =60 -3x.

Wl CHEAB RN A",
15 - 20

b=———=12,
%
J-z%uﬂol - h'= —18x +360.
& - vl 1%
(%%, 0<x <10,

4

y={4 ——a’ +18x, 10=sx<I5,

[ —18x + 360, 15 <x <20.

BS 18, AR LR 238 [ A 112 e 4R 00 A 1 SR A 0 B DR B i BORR Bk i 2020 4
AR A .

@ B HERA OB REEFEE P AOY.
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3y AT CE ) SRR AR (% )
2008 6 708. 2 1. 166
2009 6786. 4 1. 140
2010 _ 6863. 8 1.121
2011 6940.7 1.107
2012 7017.5 1.107
2013 7095.2

g P3P 5 A 2008 FRE AR AN O AERKRER 1L 1%. T, 18 2008

AF RS oA CHESR N CURE R
p(t) =6708.2 x (L.OL1)'(EH).

2020 AERFRE ¢ =12, F 2
p(12) = 6708.2 x (1.0O11)'2 = 7649.3(HH) =~ 76(4Z).

BT HE S 2020 4E 9t AE A 294 76 {2.

s

B& 1. T B0 4%, R e ) iz £, DR B A i e SCEOE Gl ik RS | A, | YR LR
B3, 5N R R -

m{,,,}. (2 ){(—w"—}
! o )
{,.
{

(5) {a( =1)*}; ©) {5, }

l [{ =1)®

(7) {"‘n}‘ (8)

.
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(9) y=(arcsin %)% ; (10) y =1ncos x
(1) y =4(2x+5) - 2=8(2x+5)".

(2) y'= —sin (4 -3x)( =3) =3sin (4 -3x).

(3) y':ebl‘l +( —62x) = -6ze ",

1 2x
4) v'= « 2% = 3

G 1+ %% R
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=
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y' -2y" +2y=0.
f  y =e"sinx+e'cos x = e (sin v +cos x),
y" =e*(sin x +cos x) +e*(cos x —sin x) =2e"cos 1,

i

y" =2y’ +2y =2e"cos x ~2¢*(sin x + cos x) +2e"sin ¥ ={).

B 10. K 51 o H007 4 5 B B i 4
(1) y=e*cos x 5 (2) y =x°sin 2z,3K §30),

"

2 (l)ﬂlﬁiiﬁfﬁfﬁﬁiﬂﬂ(uu)“”=zlﬂ‘ Lp- HUH ﬂ:‘*’ Ck=

k=0

m(n=1)(n=2)(n-k+1)
| '

(e*cos x) M = (e*) P cos x +4(e*)"(cos x)' +

42'13( e )" (cos x)" +

4+3:2
3

=e*cos x —4esin x + 6e*( —cos x) +4e"sin v + e'cos x

(e*)'( cos 2)" +e*(cos x) ¥

= —4e"cos x,
(2) i (sin 2z) ) =2"sin (Zx +*)/§ﬁf‘] 2 2 1%

(x%sin 22) ) =42 (sin 2¢) Y +50(a?) (sin 22) ) +5—02'l—49(x’>"( sin 2x) “8)
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=2%24in (2x +mT"’) +100 + 2% xsin (Zx +'WT“) +
50 - 49 48 - ; 481
> 2 » 2% 3gin (23: + =
=2Sﬂ( ~ x”sin 2x + 50xcos 2x + —sin 2x).

B 11 SRTFSEEA n B S8 — Rk
(1) y=z"+ax" " +a,x" 2+ ta,_x+a,(a,,ay,,a, BREFE);
(2) y=sin’x; (3) y=xln x; (4) y=ze".
(1) y=ax""+a,(n-1)2""? 4a,(n=-2)2"""+- +ta,_;,

Ver(a-1)x""?4a (n=1)(n-2)a""? + - +a,_,,

y™ =n{n-1)(n=2)=3+-2+1=nl.
(2) y =sin’x -—I?(l - cos 2x),

yin =thcns (2x +%1—I) o g

-

= =3 leng (2.‘54’%).

1 1
(3) y=Inx+x+* —=lnx+1,y =—,
x x

(=1)""*(n=-2)1

xn-l

yful =

{(n=2).

(4) y'=e* +2e”=(1 +x)e* ¥ =" + (1 +x)e* = (2 +a)e".

By = (kte)e® ]y ¥ =e* 4 (k+x)e® = (1 +k +x)e* #y"™ =(n+x)e’.
B 12, REBS(x) =2 In(1 +x) 7€ 2 =0 &b n B A (0) (n=3).

A AT A JE B UK

n—1
W ou=tn(1+2),o=a?, W utn L2 DIy oy 0 222,00
(1 +x)"

2,0 =0(k=3). HBHARKAR, B
DDt 5, (DD,

(m) =
Fibige) = (v x TS
n(n—1) ( ~1)"¥n -3)1 :
2 o) 2 (n=3)
= 1yn=1
fgoy =Ll gy

n-2
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(1) 9% =2xy +9=0; (2) x3+y3—3axy=0;
(3) zy =™, (4) y=1-xé’.
(1) fEHEMES kS
2yy" -2y —2ay' =0,
M T y’=ﬁ,ﬁ‘?_¥=r(ﬂ%ﬁ%ﬁ?£ ¥ = 2xy +9 =0 BT8R 5 4 5 8RR

(2) 7E R M w9 « R &, 75

3% +35%y' —3ay -3axy’ =0,

Wy =2 Moy =y (a) R AR 20 4y - Baxy = O T H A 69 B 6 4L
¥- —ax

(3) 7 WM HIN xRS, &
y #xy’ =e* (1 #y7),

Ty =L Horh oy =y () S AR xy = e TR SE A B 3L

5 ¥
x_eil."'_j’

(4) 778 Mo 513 « 3K 14

yr = - E'T —.‘I-’E"'J",

Wi,y = - Sy (x) R y =1 - xe? FT S 0 R

¥
+ xe’

B2 KM% +y =a3‘ﬂz.¢a(§a.§3)ﬁau-mzﬁﬁﬁmgﬁﬁﬁ.

M SRR LA R SO BT R PR R AR R
=yl (L2
1 il 28 B P 35 43 B RE 2 OR 5,15
2. r 2 A

il il

1

TR

Ming,y" = -2 J.'ltgn,éga)z =
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H x +y E\‘;—ia- TR

3_%—5'1:1 (1—%2_@):
Bl x —y =0.
2
3. SR i A L Al i B R — B S
(1) 2t =9* =13 (2) B2x? +a?y? =alb?;
(3) y=tan (x+y); (4) y=1+xe’.

B (1) NiHER R BSR Bk A
2¢=2yy"' =0,

F£,y =%
TE LA B i Xt xR 5,18

e i R I e R

(2) Jo FH o WO 5RO 05 3 L
2xb? +2a%yy’ =0,

T2
g b
aty’
L i b*
TR y2 - _mzya
(3) oL JH Ba o B 640K 5 05 ok 18
y' =sec? (x+y) (1 +x") =[1+tan®(x+y) (1 +y") =(1 +y ) (1 +y"),
F i
RE N
1 =1 +}.2) J_,! £
y”=%= —%(]J;—'Tz)= ~2ese? (x +y)eot’ (x +y).
(4) Jo H BBk T 18
y' =e¥ +xe’y’,
TR
e e-‘
| 1 - e’
y,.,=e" » ¥’ (1 -%xe") —&?( =&’ —xe’y')

(1 —xe’)?
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n{l—:ce");" - (1.—zery?

Bid. A8k S 8K T 51 pR B Ay 5L

, I x -5

l. = H 2 = 3 ;

01 = { ] @) r= o=

(3) y= x+2(3—x)4= (4) y= «/asinx/1 -e”.

(x4 1)53

M) = (1) M

Iny=z{lnx-In(1 +x) ].
fE EAPGSA «RT HERR y=y(x) 7%
’ 1 1 )_ % 1

F i ki = e
. [In x ].n(l+:r)]+-"(x I #3 nl+:¢:+l+x’

TR

* =l Iny +—I Y P ]
¥ '5"( [+ 1+J:)_(l+x)( |+ 1+x)'
5

3y Eye 22

\:‘ 42

- 5 8 = (s =L ntx-5) = Lin(a2
[M-S[ln(x 5) -~ ln(a +2)]—51n(1 5) - 5ln(s? +2).

Y S O 3, 77

e LR Mo a xRS SRy =y(x) 79
O NS T e
y 5 x=5 25 243

Ve i l — 2x = ; x—5 1 _ 2x ‘
Jr‘3’[50:—5) 25(x2+2)]_ m[S(x-S) 25(x% +2) )

- 2 _ .4
(3} Fey=-2 “(*xsz}s"‘? R,

TR

li =;—ln(x+2) wdlntd=2) =Sl $x).

£ B PIm B 2 RS HEER y=y(x) , 4

AN N TP il ST
y 2 x+2+' 3-x * 1 +x

*

F i
, [_ L 4 5
Y =V 80ew2) A= 1%
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v +2 (3—\')4 4 ) 5
(x+1) [2(t+2} 3 —x 1”.]'
(4) &y-mmzﬁﬁgﬂjﬁ i
|113f—-—[|n x + Insin t+%]n(| -e*) ].

7 ERF WA kS IFEER y = y(x) A4
_=ﬂ[ pLosx I (—ex)]

QII'IA? I —&*

FR

ho A, BOEE e*
y—y[Zx 2sinx 4(]1 -e )]

X

] E
:;— wsin x/ | —e"[:+cut % —Tle—c_’)}'

BB, R T A5 MO T B A B

2 .
=, x=@0(1-sin@),
1) (2) { ‘
( {y:bza; ¥ = flcos .
dy
dy _ de _3b* _3b
L dx d:r "~ 2al _2a£'
de
dy
(2) dy _ dé _ cos f — @sin # _ cos §-fsin 8
d.ﬂ:_ﬂ_l—sinﬂ-i-&(-—cus&)_I-sinﬂ'-ﬂcusﬁ'
dé
x=e'sint, dy )
Ee. EH ﬁ%!— L9 {H-
y =e'cos ¢, dx

dy
dy di _e'cost—e'sint_cost—sint

ﬁ dx E —e'sing+e'¢05:msin£+cus 2!
di
Fid
1.8
L4 = b % =./3 -2.
de .=+ 3 1
T

S 7. BT #1287 4 5 MO A R 69 A R DR D AR R O e
x=sint, T
(1) { B =ik

¥y = cos 2¢,
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s 3ai
-] 4427
(2) 3 FEt=24b.
3al
W= 3
1 +1°
ﬂ:
# (1) ﬂ= dt  —2sin 2t = o il i
d_x cos ¢
de
dy :-4-1/—2_: -2.2.
dx 21y 2

=3

: =}xm,¢:f,(§.n) . ﬂn&a}sﬁ(%o)mwzﬁ i

g =l = -Zﬁ(r—é—i),
B2 2x+y-2=0. 3k i K

osild)

Eﬁﬁxnfiy—l ={
dy 3at® \, 3a[2e(1 +¢*) -2 - 2]
(z)gz_dz_(lhtz) ~ (T +2%)*
xﬂﬁ- dat - el (1 wd®) =t ~22]
de (1""2) 4% )2
_ U
=
ﬁ __4
dx ;:z_ 3

1=2 im.hﬁ(—a —a) fﬁ]*}ii‘FH(—a.‘ )itﬂﬁ’cﬂﬂib@iﬁj

12 4 ._6r
yu?&:_?(l 51]'
Bl 4x 43y = 12a =0. $:28 iR

H) 3x -4y +6a =0.

El
x=—, x=acost,
(1) [ 2 (2) { : (3) {

o= s y = bsin 1; y =

x=3e”

=2¢':
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(4)

#

(2)

(3)

(4)

F:f“L SO FEE LA N
y=tf"(1) =f(1), ’
dy d rdy |_
(1y Sr_d _ -1 d*y _ dt(dr) 1
de " dy T ot Tda? 0 dx g2
dt de
ﬂ= bcm‘s: = —‘f—){:m]!+
de —asint @
agdn b
dly‘dt(dx) S
dxz B i{ - - ﬂﬁiﬂ F 4 hu sinj;-
de
4
d_y_ 2e! -_2-?-'&— 3’& —iei‘:
d  =3¢~! 3 Tda¥ e ¢
dy _f"(1) +4f"(1) f{r}zt iyz 1
dx S ) “dx? SU(t)

9. sRF 705 8 R A S Y R A = W%ﬁd

w=1-t, x=In(l +¢%),
m>{ , <m[
y=t=1; ¥ =1 —arclan L.
dy 1-3¢ 1 3
m g tet
Y3
d’y 24 2 I_L 3
dxz_ -2t B 4( 1)’
[} .
d3 _T( M ’2)
ﬁ= - ———(1+I)
B 1
dy L+¢= ¢
(2) dx 2t zr
1 442
1
iy 3 LepF Gy}
dx?2 2t 4 _4(r )'
1 4%
i I
—| =5 +1
ﬁ_d( ¢ ] t* —1
de’ 2 T
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B 10. SETE P b 0 Ak, PR G BE AL RS — B R AR R
6 m/s,[A17E 2 s AL Bh K 1 ] B K A4 B ER O B
B ORI — B RR r=r(e)  BIMEH S=S0). 7 S=ar ¥4 53¢
t k%, 14

ds dr
d—t-Z J"E.
% =2 B ,r=6x2 212,97 =6, R A L7
ﬁ =2m 12+ 6 =1447( m*/s).
de =2

11 KA m, LT HZES m (IE B HEIE S8, HE AN 4 m’/min. HKEN
S m i, HFEm b F RN
RO 2 -1 R, R e A AR PR RKERR() KB ERE V), HA

r h _h .
T-g,ﬂﬂr—z.ﬁffu
valgth Lol B0 Mg
g ‘3“(2) "2 '
dV_m,,dk dh_ 4 dV
dt ~ 4 de? di qpdt’
4
dh 4 16 ‘
—_ e 4 =—7-1rm=|), 7 %
& | s "5 4 35 0. 204( m/min)

BS12. WA 18 em T2 12 cm (Y IF B HE R0 -9 A — B4 0 10 em 6 [l H: 718
A, FFRA R <) o B T L B S AR I R 12 em B, L SR T PR A9 BE SR
Sk 1 em/min. [ g B 108 A 6 08 o s W 3R D L T RO B 200

M OMmAE 2 -2, IR B RIR N H = H (), (B EE T 6 b R
Jgh =h(t).
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#BTh 5 HZREHRR:
—;'—'rrﬁI




74 — ABEYE)(ELR) EHITER

O\l"l
==

=<"LH? =25
B 2167 27” wh.

bW A X e oK S,

s H=12 i, ﬁ -1, kA

dh | 3 , dH |
de 251-;( 27“ di ) ,N,.p =0. 64 (em/min ).

E1. B y=+ -2, iF307E 2 =2 824 Ax 2351 %F 1,0.1,0.01 e Ay K dy.
B Ay =(x+Ax)% - (x+Ax) —2° +x
=3x( Ax)? +3x%Ax + (Ax)? - Ax,
dy =(32* = 1) Ax.

T
Aylses =6+ 1#3 <4417 -1 =18 dyl2 =11 « 1=11;

Ayl ==t =6+ (0.1)* +12 + (0.1) +(0.1)* =0.1 =1. 161,

T Bxwb, )

d;rf*::;1 =11 « (0.1)=1.1;
Ayl = =6+ (0.01)> +12 + (0.01) +(0.01) ~0. 01 =0. 110601,

dyl == =11+ (0.01) =0. 11.
B2 BESy =) B EIEME2 -3, 7K 2 -3(a).(b) . (e).(d) w43 B S A
& oxg W9 dy Ay B Ay —dy IS EIEf.

Y ( ¥
/ —
y=flx)
y=f(x)
o X  xptAx X 0 Xp -fu“*“'l"_.—?

(2) (b)
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Vi ¥
y=f{x)
y=/(x)
P._-F'"
R
0 X, xgtAr X 0 Yy, xtAx X
(¢) (d)
H2-3
B (a) Ay>0,dy>0,Ay-dy>0.
(b) Ay>0,dy >0,Ay —dy <0.
(¢) Ay <0,dy <0,Ay - dy <0.
(d) Ay <0,dy <0,Ay —dy >0.
B3, SR T 9B msr:
(1) ,,r=—£7+2‘/;; (2) ¥ =xsin 2x;
(3) y=——; (4) y=In?(1 —2);
Jxt o |
(5) y=x2e®; (6) y=e *cos (3 -1);
(7)_}f=arcsfn\a‘]—x2: (8) )'=lan2(l+2.1:z);
_ B
(9) v =arctan ll _: : (10) s=Asin(wt+¢) (A,0,¢ BHE).
X

1 I
(1) d_r:y’dx:( —F+ﬁ)clx.
(2) dy=y"de = (sin 2x + xcos 2x + 2)dx = (8in 2x + 2xcos 2x) dx.

a‘/x!-i-l—x d
w'|+:rzdx dx

—

FrD? (P D7

(4) dy=y"dx=2Iln (1 —x) - (1_I)dx=f3 Iln(l —x)dx.

(3) dy=y"dx =

(S) dy=y"dx = (2xe® +x2e®™ + 2)dx =2x(1 +x) e*da.
(6) dy =y'dx=[ —e "*cos (3 -%) +e "*sin (3 —x) |dx
=e " *[sin (3 -%x) —cos (3 -x) Jdx.
1 _( =2x) . i

= —|dx =

(7 dr—-'l.r:[ = «
) dy=y'c J-/T-22)? 2/1-7 P
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i ;=1 ex<l,

g™

dx

2,ﬂ|<arc::'l.
1l -x

(8) dy =y'dx =[2tan (1 +22%) » sec’ (1 42x%) - 4x]dx
=8xtan( 1 +2x%)sec® (1 +2x% ) dx.

1 ( =2xY(L +&%Y— {1 —a*) = 2%
dy =v'dx = . d
(9) dy =y'dx 1 T e x
+(I+x2)
2x
—,]+x*dx

(10) ds =s'de = [ACUS(wI +qp) = m}d! = Awcos{ wi -I-q'.?)dt.
B4, S 0 R FAE S W, 8 o

(1) d( ) =2dx; (2) df ) =3xdx;
(3) d¢ ) =cos tdt; (4) d( ) =sin wxdx;
1 L S
(5) d( ) ='1—+'x‘dx; (6) d( Y=o~ Fday
(7) d( )=%dx; (8 & ) =aec?Inds;

@ (1) d(2x+C) =2dx.
(2) d(%xz+C) =3xdx.
(3) d(sin ¢+ C) = cos idt.

(4) d( ——l—-{:ﬁs wx + C) = sin wadx,
&

1 dx.

1 +2x

(5) d(In(l +2) +C) =

(5)d(—%f'h+C)=E4H&
1

7) d(2 .J/x + C) =—dx.

(7) d(24/x +C) 5

(8) d( %tan 3x+ C) = sec”3xdx.

Lk C I RIEEEE.

055, fE 2 -4 B B AAOBRG 1 K s BEIE K 20, AL 04 R AT 45 0 SHF T 4% AB 1)
B F, M B A TR A S

s=2§(1 +

212
32 ) ’
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7 s=2i(1+3l_z

6. A BOM a=60° 2K R=100cm(E 2 -5). WR R o 32> 307, 4 5
B A AT 47 LNME o K& RN L em, [ 5 ERB AL RE T E407

sl o Dpirn B
),Asﬁvds—ﬂ SFAf-:”A,f.

FAITTTT7 7777777777777 {7
- 20

H2-4 25

W ORIGERARY s=%u. ¥

a2

AS=dS = %‘Aa.
. . § R,
¥ R =100,Aa = -30'= T 31LAJ_£C15=

1

AS~—- - 1007 - ( )sw 43,63 em?.

.. &
360

b
AS=dS=aRAR,

o =31,R =100,AR =1 ft A 378

AS#% - 100 » 1=~104. 72 em?.

E7. it8 P =M mEE iRl .
(1) cos 29% (2) tan 136°,

(1) Ef—“icusxzcus:un+(cosx}’1x“n s (x—xy) x“=3-0°=%5{'§

o _ 5 £+L = _1T_ -1 = ui.
cos 29 —(‘,Ob(ﬁ [80) oo8 — +( —sinx)l, 2 ( 180)

NI
=9 +360-0. 874 75.

.
(2) FH tan x=tan x4 + (tan x.)'lxﬂﬁ s (x—xp) B % =T-rr{§
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tan 136° = tan %’rr + 5ecgz:|x=%“ . %ﬁ ~0.965009.

8. i3 F A = fheR A Y O Rl {E
(1) arecsin 0.5002; (2) arccos 0, 4995.
fi# (1) fh aresin x =aresin ay + (aresinx) ', _ (x —xy) i xy =0.5 13

aresin(), S002 = arcsin 0. 5 + < (. 0002
| =g | a=0s
~30°47".
(2) th arccos ¥=arccos x, + (arccos v)’ s (x-%5), M x,=0.578
sxc00si0/ 4595, S aie008i0, 5 - —o . ( =0.0005)
] —x2 lx=0D5
=60°2’,
9. 4 lxl BN UFH 5 2L 5

(1) tan x=~x(x & AT ; (2) In(l +2)=x;

(3) “l+xﬁ"4]+ix; (4) e*=1 +x
n

I8 tan 4501 In 1, 002 fY U5 {EL{H.

e ]
s x =0 +sec’ + x =x.

# (1) tanx=tan 0 + (tan x)’

x=0

I
x =%

1 +0

cx=0+

(2) In(1 +x)=In(1 +0) + [In(1 +2)]"

x=

(3) A Fm= JT %0 # (T + 23 Mg wa =1 +%(1 $0¥ = =z 1 P
] I
(4) e*=~e 4 (e*)'|__g ~x=1+e"2=1+x.
tan 45’ = tan 0.013 09 =0. 01309, In{ 1. 002) = 0. 002.
10, 50T 5% Ay i el (8
(1) /996; (2) J63.
g 1 rx=1 +%‘5EII

. 1 s ; 4 1 4
(1) /996_\1'!00{]—4-10/\/1—1—(%-10[1+ 3( 1000 129.937.

I

ezt i s g 1 | 7 ‘
(2) V65 = /64 + =2\/1 +6—4==2(1 e ﬁ)mz.oﬂsz.
B 10, 12 BRGNS R 00 AE 2% LA ] 3k i IR TR DAY AH X R 22 A R
B0 2 S

® v=%~nn3 5l
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V=2DAD
dV=—-D*AD,
;TD AD
—| =3
wh?

T <2% , W

’dp‘ 3 JAU
|1

0.02
T -—.*_——vﬂ'. 667% .

B 12, BT A 2 -6 B i B E B, F R =200 mm , BSR ol o b 55°. 7%
s £ B, — g RO 9% 4 A o i Ol TR R PO A e TR RE ORI LAY IR 32
8 =0. 1 mm , [r) phy 1T 5 | 2 A opcs f M It 52 22 8, &7

l I =t

K2-6

I s
g nE2-6, Fli? = Rsin %fﬁ%

l {
a = 2arcsin R =2aresin — 200"
V4
g -2 1
6“ —1&;'5,— l : 400 6.!
'~ (00

% @ =55°0 1 =2Rsin % =400sin (27.5°) =184.7. 4 [~184.7.5, =0. 1 {ELA _L-378

g = £ =¥ ! «0.1=0.00056( M EE) =1'55".
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JCa) FE 5 %o 71 Y %11
(2) ) TEL xo BRI L (x0) B i SRS, (o) HBA7 TE LA R/ (o) E S5
%o W G K1

(3) f(x)PF A xg AT 5 1 f(2) FE 5T xy ATTAY M.
fi2 (1) 75, 8.
(2) FE5000 %,
(3) 75402,
B2, % f(x) =x(x+1) (x+2)(z+n) (n=2) W £(0) =

f# f(O)-|nifMl~llltl[(x+l)(t+2} (x+n)] =nl.

B3 FlEqesd TS NP L— T IEmA g
Efx)fEx=a E{J%A%bﬁﬂiﬁ EX M f(x) FEx=a JET] BB —4 R0 R
( Y.

(A) ﬁl-i:.nwh[f( a +%-) - rz}l%'?:#lf

Iimﬂu +2h.}h-—f( a+h) A

fla+h) -fla=h),. ..
7 {7 1E

(B)

(C) !\im

() tim AL == B g

(a +—) -fta)

W lim 4/ 0+ ) A | = lim Lt LTS, ()
h

7 MR (A).

i f(x) = {;iisﬁfwhnm #20) SO _o, 41 f(x) 5 =0 AT,
HOR B (B).

o) = 1l Bl OISO o ) i 5 =0 40K G L HOR
flgii( C).

g AL KR M eI A e g
£ ) fiAe BB (D).

B A, A R AIEE UM O — i 0 R B A M AT A e bR Ol v, T S AE X ]
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s x x - 11| 2~} X

lim—
= SIN X yoall |

G4 ik R

e, x=0
fE 5 x =0 4k ) % ik

" 1 il 1=
! Ilm_—in[ oo ]
sl

xR
fiit limf(x) -‘I__l_g][ = ] =e ,
1fi]
l -1
oL [ i 4 -1] il ) =B gL S
i - x

s— * = s—0* 21’



=% WMorEEBES5SENEA 95

W e ]
T3l ea) 2
4
lim f(x) e~ 7,
'

}5;531]'( %) = rli';“n’(-! % = e'% J(0) =e "%.
9 lim £(x) = lim f(x) =£(0) , B BEC f(x) 16 x =0 b 2k

Gl -4 HBERFEHRA (x) =+" -5 +2% -3 +4.
S ]

Fi(x) =4x° — 152 +2x -3,/"(z) =124 - 302 +2,
(%) =24x =30, (x) =24, " (x) =0(n=5).
f(4) = =56.£'(4) =21 f7(4) =74 ,f"(4) =66 /) (4) =24,
i
2t =527 +22 =32 +4

n z (4)
LA (-4 LA (-4 +ﬁ—454)(x—-4)"

=f(4) +1'(4) (x-4) + o (x -

= —-56 +21(x- 4)+37(x*4)‘+”(t'-4}3+(T*—*4)4

G2 AT AR x (IR IF RS (2) = (&7 =3x 4 1),
B2 f(x) =2° -94% +30x* —45x% +302° -9x +1, f(0) =1,
(%) =62° -45x" +120x% - 13527 +60x -9, f'(0) = -

fr(x) =302" - 180x" + 360> —270x + 60, 1"(0) =60,
Fr(x) =1208° - 54047 +720x =270, S7(0) = -270,
£ (x) =3602% - 1080x +720, F¥(0) =720,
£5) (x) =720x - 1080, FS1(0) = -1080,
£ (z) =720, 8 (o) =720,

(%) =0 (az7),

(% 3%+ 1)>

e s 4} (3 \ 6) )
=f(0) +f'(0)x +f(D) ffi?)x-‘ oL 450).{‘ i ngxj ol 6(!(”.:"

=1 =92 + 3022 <4527 4 30xY =945 .45,
G3. REE () = ol (x —4) 05 e IF 004 A 5 4 101 H AR I00 09 3 A 245X
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M EKMx) =y, (%) =%J';“.j'"(.‘r) &= -:I—:r-'%.f”(x) =%.’c'%,

4) . Ay = e 2 A
S (%) -.» T ) S0 R) 2SR 0) = g ) =
ill‘_:;{
" e 4) ¢
Jr=/(4) +f'(4)(x -4) +Jl?—)(x -4)2 +"f—$(r —4)3 +‘%(.‘r —ay*
—2+—(:1—4)—-ﬁ(1—4j TR PR S
512 384§7f’2 L

Her g4+ F 2 54 ZE.
B4 REE x) =lnx & (x =2) B9RE R IT M4 A Il W s TR o B 28 8 2 =K.

S b
J_‘(ul(x) =( —]}"-L(M—l)!‘ 11“3(2) =( _l)n-in("_l)!'
¥ 2
13
In x :f(Z) +_]”(2:) (,t"—Z) +'fw2(_;?).(x_2jl _l_jmi.!z)(xhz):; e

)
LoD, _zyv ol (x-2)"]

- Ly | 2 ! 3
_|n2+?(.1,—2}—?—3{;r—2] sl <P

(_l)n-l

(x=2)"+o[ (x=-2)"].

n F? n

E&S. keR¥rf(x) =%~#E(.x + 1) 0 Rk R R A9 HF AT AR B H ATy n B %2 82 5X

o Hh
R e L
14
:*=f( =13 -1)(a-+1)+f"(2‘1”(x+|)2J"(B]”(“”s,,... M
'E")%'(f-i«l)" +f;'””]()§l (x+1)"

—[l#(x+1) s {x+1)2 ot (m+1)"] +( = 1) (g g 1)0%,
Horb £ A4 F x5 -1 2.
6. ReR%L (%) =1an x B47 A7 (T2 7200 3 B A2 52 95 PR 3.
iR HH
flx) =tan z, f’(_r)zseczx. 1 x) = 2sec’ylan x,



B-F WoTEEESSHEONHE 97

f(x) =4sec® xtan’x + 2secix,

¥ = 8sec’xtan’x +8sec’xtan x + 8sectxtan x
=8seciatan’x + 16sec’ xtan x
s 8(_5i1'!2:'¢ +2)sin x
- cos’ x g

J(0) =0,f"(0) =1,/7(0) =0,/7(0) =2,

e f(x) =x+3§+a(x3)_

B7. ReR¥(x) =xe* (AT BLE 5 A LAY n W2 58 97 PR 5K
B Y (x) =xe" S (x) = (n+x) e (WIE 2 -3,11(4)) S (0) =n,

xe =f(0) +f'(0)x 45" (0)a" + - # =g (0)4" +0(a")

—r+rz+£+--~+ i
A (n ~T)L

+o(a").

2 3
8. &ﬁiiE‘%Uus%Ha‘,#Eﬂzt el ex S S o SRR BF A R

2 /NF 0,01, 33K Je ) iE BL08 , 4 5% 22 /hF 0.01.
OB f(x) =, M AY(0) =1, 8 f(x) =e* WEMERFTHLKX D
2 3 i 3
et =1 +x+;—!+;—!+§x",]ﬁ£qﬂ§fr?{) S xzZW. ftef=14+2 +%+%H‘ﬁ e* 19
IR, R =R

%t

lR_,,(x)]:j—!
4

1 1 37 1
%0 <x< B0 <§<?,IR3(-x)is4—!(?) ~0.0045 <0.01,
A W e T
JET“-‘-'1+—2—+?(42") +‘€('2—) =], 645.
E9. B =W A A R TR &8 e i pUE IS iR

€LY /30, (2) sin 18°.
(1) HH

flz) = ,}/'l +x=(1 +:r);_
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3
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i
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TAE &
AT 0 G2l W0 <g <o Wi
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3
(2) EH sin x=~x —;‘_'_‘Rd(x) _

; o
sin 18° = sin

1
|R,,l~‘-§5—!-(

£+51)

R Ry (x) =(4—!

1.3 =10™%
&t 10, Fi) FH 44 R F S HR R .
(1) lim (V77732 /2220

cos x —e

2) lim i
(2) [3-,,-1[;+3n(1—.t)]'

1 +L:r1 =1 et
(3) lim

0 (cos x —e* )sin 2%

(4) lli__r:l[.t—len( 1 +—I~—)]

x

80
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sin(f + ‘—5-*11')

2
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10 10 31(

5
™

1_5) =7.5
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®
T

M) lim (/a7 #3272 =/
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2 .
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(3
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3
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)
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"(]T) 3

= lim | —4———~|=—

rem| 2 2

I
x

cos x —e ?

2
(&) -lf[?xg[xﬂn(l -x) |
4 2 2,2
[= % 0 % +o(;r"')—l—( = %) - _;,'( - EI_Z_] s
=lim : 1
B xz[x +( -% = —2—::2 +r:'(.1:2))]
I L 4 5 ~ L o «* 1
I il i LA S S
= A )
3—0 L4 i =t 4 elx e
5% +o(x") A o 2
l+-1_:\;1 = l‘l"‘l‘J
(3) lim

=0 (gos ¥ —e* )sin x°

1+ _14.1’2 —(1 s %.L'z - %x‘l +u(.r4))

=lim
”n[t —%xz +o(g?) =1 —2? +|m(.1¢2)][.1:2 +o(#*)]

1 I o(a") 1
" ?x" +o(x) " ?‘* o Y l
=lim = lim = = ——
a0 B4 4 ¥+ 0 3 o(xd ) i 12
= £ +o(x") —= g 3

(4) };_T[x —len( I +i)]

X

ErEER\ BT

Bi1. ¥EMRE f(x) =arclan x —x 1Y) B 1E.
2
B () = —— = 1= -——<0 B £ (x) =0 {07 =0 I R L. 154t i 8

1+x? I +x
f(x) =arctan x —x fE( — o, + o ) 4 HIHBE D
G2 HERE S(2) =x + cos x BT,
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BB S(x)=1-sina3=0,HY x=2nn +%(n =0, &1, 22, )8 f{x) =0. 7]
DT =0, + e ) BFE 47 F I 0] 8 /7 (x) =0 805 HAHRA. 3
Bf(x) =x +cos 2 TE( — o, + o0 ) Py BRI 14 .

B& 3. W T 5 ek B0 B K () -
(1) y=2a° —6a? - 18-7; (%) }':Zx+%(:r>0);

(1) gm0 (&) 5=Hila byT bt ) s

4x" —9x% 462

(5) y=(x—1)(x+1)%; (6) y=v/(2x-a)(a-%)2(a>0);
(7) y=x"e™* (n>0,x=0); (8) y==+lsin 2x|.
() RBMENEK(-w,+o ), fE(-e,+eo )& H
y' =62 = 12x - 18 =6(x-3)(x+1).
Sy =0,BHEMy =-1,5=3 XHITRHAL( -, +=)FHR=1P4XH
(=@, =1]y[ =1;3],[3:+ =)
Wow<x< -1 f3cx< +oo i,y >0, HEEBE(-=,-1],[3,+=) L
BRI -1 <x <3 W,y <O, [HbeRETE] -1,3] L Pifnk .
(2) PRMLOYE XIH0, + ) 7ECO, +e )T 7, H
B 2x2—8=2(x—2}(x+2)

P =
y=l-—a=—0173 2
X X X

Ly =0,BAxy = -2(&FE) .5, =2. B0, += )4 HEFHITHAFREM0,2],
[2, += ).

BOo<x<2 B,y <0, HEREAED2] LR ;Y2 <a< +2oif,y >0, H
SRR ETE 2, + 00 ) - SRS,

(3) YRR x=0 #habibif S, A

1
~10( 1227 — 182 +6) _ _lm('”_zj':x'”

L,
ol —

T (47 =927 +6x)7 (457 -9 +61)2
A y' =0, 1955 4 x, =%.x2 =1 XA R E (- ,0) & (0, + =) 2R IH4

%%ﬁ@(—wﬁ>{m%1{%J}rL+mL

W0 <x<0,0<x <%,l <xr < + oo B,y <0, P ER 8 AE ( —m,O),(D,al—-‘],

(1,4 ) TR 5 < <1,y >0, ko ce] 5.1 L0 isan
(4) FABRAE( -=,+=)H[ S H
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.'___]__ 1 +
(Rl i B BSCZE (= o, + o0 ) PR PRLEBE .
(5) PRA¥KTE( -, + )W 7, H
y=(x+1)d +(x-1) - 3(a+1)?

= (x+1)2(4x-2) =4(x +1)2(x__,17}_

&y =0, 135 H ¥, = -t,xz_— B A BE AR ] (-, + 00 ) AL AN
441X ] ( -m.-n],[—l.%]&[é—.m).

TR . <x<in¢,y'<o,mntﬁﬁmrz( - —]J R ;
_;_.;M + oo fif,y' >0, lﬂﬂ%ﬁfp[.m)iﬁuﬂmﬂ

(6) WEHE x, =50 =a WAAGALE( ~ 5).(Fa) (ar 4 ) W

—6(1—2—a’)
Ty = 4 -
3~/(2x—a,)3(a—x)
Sy =0 MR 2 = o EAEA R 5y =t =a BRI -, + ) S

w |

i ‘ﬁ'[iil‘lﬂ( -M,—] {% %— ] [—u a] [a, +o ).

W - <x<%,§i% <x(§a,u <x < +aoﬁr]‘,y'>0,[3_d,ﬂtﬁﬁﬁ¢g( - ,%—a].

v ) LIRSS < <a i,y <0, il o _%a.a]uamw-
(7) BRAEO, + = YHAS, H

¥ =na"te *-x"e *=x""le ¥(n-2x).
A y" =0, 198E 8 x, =n, X DFEEIEXB[0, + o ) FRPAFRREEL0,R],[n, + o).
WO<x<nit,y >0, HEREAEIO] EHEEEIM; Y necr < + e,y <0,
HIC A BAE [ n, + 0 ) | LA B
(8) MR¥MEXH N N( -x,+o) H

x +sin 2x, nﬂéxén'xﬂ-?,
y = (=0, £ 1,223,],

. T .
x —sin 2x, n +?<x—<.(_n+l)'rr
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™
I +2cos 2x, nw<x<nm +E-'
y' = { nrf), £ 1,22, ),

| -2cos 2x, rr-frr+%<:r-<(n+1)1-r
% ¥ "=0, 58 ‘l“ﬂ'n'+—-& t—ﬂ‘rr-t-— R et KA ( -, + )%jﬂt
S A 1]
[rm- mﬁ-—] [m-r+— rm+—] [ra'rr+ ] [nﬂ+%“-.(u+l)1-r]
(n=0,21, £2,++).

Wam<x<am+ %ETTJ';J" >911335[ﬂ?}5ﬁ3ﬁ'ﬂ5[ n, AT +1;-]J;_f3ﬁi,ﬁi‘§j]ﬂ;
M onar + 31 <x < +%ﬂi]‘!_y' <D,[I:l1£[;§_ﬁ’§tﬁ[ nar +%,nw - %]J:Eﬁiﬁﬂ@ifl}';

M nar +% <x<nT +’5?Wli~fj‘,y' >G,lﬁ|ﬂt%§iﬂ§§[ n -l-%,n'rr +%w]J;QiU5,ii'Eﬁ]11;

Y nr +%" <v<(n+1)mwif,y <0.Lﬂjtt@ﬂﬁi[ nm +%’n.(ﬂ +1 )'rr]_[;ii’ﬁlﬂﬁﬁ»‘-

.'wrr ka

G LT R | ]Lmﬂwnn TE[ —"1?"’ ]Liﬁﬁb

(k=0,£1, 22, ),
BG4, iFEE OO EE LN AT S,y =f(x) B EIE B 3 -1 B, SR 8/ () /Y
P I g 1 3 — 200 Jiff s A 1 4 LI o ) BE— A~ 2

v

NENE .Y

(A) (B) (€ (D)
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M HFAEIEM, 5 x <O B,y =/f(x) PR, TS (x) 20, BHEER(A),
(C) 32 x>0 0, B v B,y =/(x) SE TR , SR U5 B0 W0, B S U0, [ o
B x B KA f(2) 20,885 f'(x) <O 4K 1T LA f'(2) =0, $ (D).
5 IEATF ARG

i1} ¥x>05¢.1+%x> S +x;

(2) Hx>08f,1 +xIn(x+4/1 +x2) 31 + 5%
(3) ¥10<x<%ﬂij',sinx+lanx>2m;

(4) %U<x<%ﬂﬂ',tan x>x+%13;

(5) % 2>4 Bf,2" > a2,
(1) Wf(e) =1 +%-.c— J1+t,0e [0,x].

1 1 v1+e-1
; =—— = 0, 0,x).
A RW - W v
B, BR#S() 72 [0, 2] EBRAEM, > >0 0, f(x) >/(0), H

1+Lx—1/1+x}l+%-0— V1 +0=0,

2

ARED 1 +%> J+x (250).

(2) Bf(t) =1 +tn(t /1 +2) /1 +3,0e[0,x].

i) =ln(t wf/T+E2) +—— ——L— = In(t +/1+£) >0,¢ & (0,%).
ST+ m

Bk, PR () FE[ O, 2] B8, 502 ~ >0 B, f(x) >/(0), H
1 +aln{x 441 #2%) =/ 3" 51 401 =0,

ARED 1 +xln(x+/1 +27) »/1 +22 (x>0).

2

f'(x) =cos x + sec’x -2,

(3) Bl f(x) =sin 2 + tan 2 —2x ,x € (01)

(%)= -sin x +2sec’xlan x =sin x(2sec’x -1) >0, xe (U,—;—).
S () TE[ 0,5 | L3RI 62w e (0, 7)o" (x) >/7(0) = 0L ATIf(x) %

[D,%]J:ﬁiiﬁiﬁﬂu,ﬂllf(x) >f(0) =0, JR
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sin x + tan x —2x >ﬂ,xe(ﬂ,%),

BRLL , sin x #1lan 2 > 2% .2 e (0,%]_

(4) BLf(x) =tan x - :n:———— xe[ﬁ' ]
_f(.\:):sen“m—l-x =tan’x —=x* = (lan x —x) (tan x +x).
i
g'(x) =(tan v—x) =sec’x -1 =tan’x >0

Wogl(x) =tan x —x fE[0,x] | HURHG i, BP
glx) =tan x —x>g(0) =0,

B (a) 20,5 e (0%). Mﬁﬁf(x)ﬁ[ﬂ,llj;ﬁr‘!»ﬁi%ﬂn,lﬂﬁtf(x) > f(0),

\:E( ) Eilﬁfl(t(—ﬁf lan ‘\f—’l’—?t >0. M

tan :'r>.1:+%x3 (0 < <%)

(5 B fAe) =ia2 =2Inise [4,%].

WY o >4 WL Cx) BRI, T f(x) >/(4) =0,
xln 2 =2ln x>0,

IRED 2% > 2% (x>4).
E6. Tt Inx=ax(HP a>0) 4 JLAZEH?
M HRB f(x) =lnx—ax,xe (0, += ).

f(x) =~ -a
4 f(x) =0,frﬁﬁ:ﬂ'§.x=l—.
40 <x <t () >o.i£1utpﬁﬁﬂm£(o.%)mﬁﬂwm;%—;—u< + o
B f () <0.li~'.ljtt|?ﬂﬁf(x):ﬁ€(%, v ) R bkﬁ'ﬂ'f(%)%ﬁjcfﬁ,}?.
B Ra) = =00, Hpfn) = = s,
—u( o) = =10 W a =y = In 2 - ax 55 xS — S,

i, 5 A i — SE A
g‘jj(%) =In %—I)O,Ellﬁ <af:%ﬂ‘j',[mﬁ.'ﬁ’:]“:‘_ﬂxijm;ﬁﬁﬁ‘ﬁﬁ'ﬁ
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i R A SRR
Eif(:T) =1In % -1 <0, « >%[|-L[I!]éj§;.y= Inx —ax 5 x §HTE A 3E 47, XM, IR

i BB A AR
a7, SR R R Y SRR B TR 0 O LR R R WIS T X A B
J(x) =x +sin x.
BB U PR S RO - R e B B RS (x) =+ sin x T
fix) =1 4cos x=0, H £ () 7 4T ] 47 BRI P9 2 A7 A7 BR A% ul. (N e 8 /() 12
(o, +o )R MER HEMNTEE S (v) =1 +cosx fE(-»,+0o )HH
S T B0 )% o B
B8, g X R S T sk A BCHE W] R LA — AR
W F KA L (x) =008 £ () <0), H% S (UAEA PR 2 A4 sl bz B4 f(2) X
(A £ |- SP 9 (ol 0 W i 2 )
M AE T PRI A xR vy <xge FE[ 2, ap ] LR RS W H
L E
fx) —Kx%) =) (%, -2,) =0 (H=<0),
Hr e (2 .x) B f(xy) =000 ) (B f(xy) < fCxp ) ), P ) 76 1 E 53 A5 0
(ARG , NHIE— ve [2, .05 ] .6
fAx)z=flx) =f(x) (8 Axn)<flx)<f(x)).
F () =f0%) UEH ) =f(x,),0e[n,2%] 8 (2)=0,0e[x,5], KT
S(x) =0 76 T HAE—# IR B ] L AUAE A B 24~ o ek il 7 6 (BUE HT AP S TR (%, )
>f(xy) (B f(25) <f(x, ) B fCx) FEDCTR) 1 L 20 i o ( s AR il 2> ).
B9, FlgE F o2k 00 M Ak
(1) y=4x -2 (2) y=sh 1;

(3) p=x +% (x>0); (4) y=uxarctan x.

(1) y' =4-2x,y"= -2 <0. fMR y =4 -2 FE( -, += )M
(2) ¢ sichx,y"=sh 2,4 y'=0,18 x=0.

M- <cx<OBf,y <0, %k y=sh xfE( — o 0] EREME.

BO<x< +if,3" >0, MLk y=sh x F[0, +o0 ) [-HE[MRY.

(3) ¥ =1 =Ly =2 500 >0) iR y == +—ECO, +o ) FRIIRY.
L+ il = X

1+1+x2-:c-21_ 2 0

(4) y' =arctan x +

W ¥

1427 1442 (1+22)2 (1 +42)?
ﬁf{lﬂ'{?‘x’ y = xarclan x {El -0, + )[i:]%[}fjﬂ{]_
BS10. SR T %) B B TR B 45 e B TR 6 K]
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(1) y=2® =52% +3x +5; (2) ¥ ==e™%;
(3) y=(x+1)* +e; (4) y =In(a® +1);
(5) }.=eurrtun.r= (6) }.zx'l(]:)]" =15,

i (1) }-":3.1'2 ~10x+3,y"=6x-10,% y"=0 ’fﬁ.'a::—i-.

U - o <x<%n¢,y"<n.rﬁltmrném( - .%]L'ﬁ“‘snﬁnﬂ;“ﬁ%<x< .y

y" >0, EIL IR LE] 5, + o | et a&a(%%) H45

(2) = *—xe " =(l-g)e™ "= ™ +(l -x) | —ig %) =e M x=2).
L y'=0,8x=2.
W <x<2 i,y <0, HMMAE( -o 2] LMK ;4 2<x< += i,
2
¥ >0, LR (2, + o ) E M. M(L;fo;ﬁ}ﬁ.
(3) y' =4(x+1)3 4e" 9" =12(x+1)* +e* >0, [H 2k 7 -, + o )i

U6 , o 2% 7% A7 490

o o U wl)=Dxe2x  ~2(x=1){x+1)
4 = R 2 2 = 2 ] )
S s (22 #1)? (22 +1)

2y =0, xy = — 1,5, =1.

W o<x< =1 B,y <O, EEMBTE( -, - 1] LRMAM; Y -1 <x<] B,
Y0, B MAE] -1, ] LRME; Y1 <x< +o b,y <0, HIMHEKET, +=)
M. kA MNP a0 -1,In2),(1.In2).

] _zeurlrlal‘i r(x _%) 1
5 i ;un-luur = ’/:\_ _,rr=0‘ o=—
Gl g =e T T e e L L 2

U <x <,y >0, BRI GE( - .%‘]_t%ﬂﬂfﬁ];.’i‘i%w< + B,
y”<ﬂ.1§ﬂtﬂhéﬂﬁ[;—. v ) LA, e;szﬁ(;—‘]wa
(6) 5 =4 121z ~T) +&* + 12%:4#(1% p—tt)

y" =1222(12In x —4) +4x° - 12%=144x31n x{(x>0).

& y"=0,Fx=1.
W0 <x<] B,y <0, EIGMZEEO 1] ERMAY:H 1 <x< +o B ," >0, [HLE
M AE 1, +o ) ERMAE. B, -7) HBA.
BE 1L, F) A of SR 69 M A E B R 8RS SR



F=% MoTETESSBHNA 107

(1) %(:t"+}'")>(%) (250,y>0,x#y,rn>1);

e’ +¢'

: seT (x#y);

(2)

(3) xlnx+yln y> (x +y)lr1x;'v (x 50,y >0 ,x%y),

iE (1) BeR¥S(t) =" ,te (0, +2).
Fi0e) = ) =nln=1)1""2 ,0e (0, += ).
LHon>1 0 (0) >0,0e (0, +o0 ). HIES(r) =" (E(0, + o0 ) P EIER AT, 5
TR 2 >0,y >0 ,x#y, {64

T+}-‘)

U@ e/ 1245

x,;:v) (x>0,y>0,x#y,n>1).

(2) BUpREf(t) =e'te( —w,+m).f/(t) =¢ Sf"(t) =¢'>0,te( —00, +x ).
E f(e) =e'fE( -0, + 00 ) QB RMMB), B XHES] x,ye( —2, +2 ) a7y {0

wmx) ()] >f( ) )

Eﬂ%(_x" +y") >(

_f]Z—(E'“ +e’) > er (a7,

(3) HEH f(t) =tln t,0e (0, + @),/ (¢) =lnt+1,11) =:_>g,
e (0, + o ) (BBt f(t) =tln ¢ FE(O, + o0 ) PIEER MY EOHERT v,y € (0, + 00 ) x5

Y‘I'ﬁ'ﬁ-—rf(’r)+fy“>f( ;3) iy
T4y, X4y
?(:tlnx+jln;v)> 2 In 2

AT H

xlnx +ylny> (x4 v)In x;y (x3=y).

=] =

B 12. ix’t:iiEiﬂHH?f:y:; N (v ol 1 2

(s +1) =2x(x-1) -x"+2x+1

iF ¥ = E ’
& (32 +1)2 (2 +1)2
o (=2642)(2% +1)2 =2(4 +#1) « 26( =2 +2x +1)
= 2 &
(2" +1)
2t —6x% —6x +2

(2 +1)2
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_2(z+1)[z= (2= ) 1[x-(2+43)]
(x? $15)° ‘

Ay =0, 8% = -1,5=2-3,5=2+/3.

W_w <cx< 10,y <0, FEM&EE( -« , 1] LA,

se 1 <x<2-J30,y" >0, Wik El -1,2 -/3] ERME;

M2 - B cx<2 + B0,y <0, HL ik E2 -4/3,2 + 3] ERME;

WA+ ity >0, LI TE 2 +J3, + o ) ERMEY,
S Sy )

= “-'_—-—:A.A "l"“. l ; _-]n—] v
2R A 53 a4 30 A ( )5 4(2 7 )
i F
I—( =% __lﬂ_—(_l)
42-J3) _4(2+3) _ L

2-8-(-1) 2xf-(=1) ¢’
WX =4 HaE—-FHE L.
B2 13. [a] o, b KTt S 01,3) JaiheR y=ax’ + bx” AU AT

ﬁ- ¥ _3ﬂ't +2bx ¥ "=6ax +2b = 611(‘;4.%)

W << -iﬂij',;.f”«:D,JEEﬂ:tﬁII?;’é-‘éE( -, —E‘]LE{IE!E{J;
la la

o -3—‘;<x< bty >0, [ e )_tﬁlﬁlﬁw;

h ; = _ig _I_J L 7
?I'I'T,yﬁ—d( 33) +b( 3a) 27& T T v (0 T AR S

- g = —
1]
b2
A ~3q 737 | WM B HE— B3 5

a’27q?

g,

IR HBAM s Wi 2 b=
2742

B4, P EMEk y=ar +bx® +ex+d P a,b,c,d, (8 v = -2 IR A K P,
(1, =10) K443, Hai( -2,44) fEh £k L.
@ =3ax® +2bx + ¢,y" = 6ax + 2b.
MIEEEA y( -2) =44 y'( -2) =0,5(1) = - 10,y"(1) =0, )
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(—8a +4b-2c+d =44,
J 12a —4b+¢ =0,

.a+b+c+d=-]0,

L6a +2h =0.
Mt BHB a=1,b= -3 ,c= -24,d=16.
B 15, iR y = h(x® =3)7 ok B8, i ol 2 00 £ 8 A 1 95 4 ek U
Ry =2k(x" -3) « 2xv =dkx(x* =3) .y =dk(x" =3) +4kx - 2 =12%k(x - 1) (x +1).
& y"=0,98 2= -1,%, = 1.
-0 <x< =10,y >0, FHHM%EE(-o , -1 ] ERMA; % -1 <x<] K,
V<O, PR Al 1,1 ] ERMA; M1 <x< +afif 9" >0, ML, + =)
REMTE, AT ANC =1 ,4k) (1 ,4k) Hy i 28 09 4 45,
oyl =8k (-1 4RI R

AR
Y-dk=-or(X+1).
B2 {2 2 e IR, U (0,00) S R X LB X =0,Y =0 LA R,

lim £
=5

B oy'l,o) = =8k A, (1,45) ML B R
|
Y—4A—ﬁ(){—l).

] F, B R LR R M X =0,Y =0 fLA LKA & = r‘g- L, 24 k= t%ﬂﬁ‘.

% 1th £ i 453 AT AL i £ L DR
B16. @y=f(x)fEx=x, MEMBMNEA=MELESE WR /" (%) =0,10
S (xg) #0, 8] (2 ,f(x) ) R R 517 AHAT
@B RS (x) #0, RBHR " (x0) >0, 81 F £7(x) 1 x = BIEABIRNA &
i HEUTEE S >0, Y v e (g -8, 59 +8) B /(%) >0, 8T (xg = 8,29 +8) W
FCe) B, LB (xg) =0, KT S x e (xg —8,29 ) B () <f"(x) =0, BI5R
B A(x)TE(xg — 8,20 ) AR I HE R MY, 3 v e (g 29 +8) B ,f"(x) >f"(x) =0, Bf
BB (o) TE (g g +8) 9 0 B JEE S5 TT 0 7 LA (g L f (g ) ) SR DR 11 430 A

SE3-5 \N FHARESRAER/ME

B 1. kT 5 e R A
(1) y=22" =62 - 182 +7; (2) y=x -In(1 +x);



110 — (EEEENELR) LHMITLRE

(3) y= =2 +2s2; (4) y=x+ /1 =23
2
(5] p=—aidt, (5 o iE tEE R
J4 +5:7 £ +%+1

(,T)yze"cusx; (8_)_}':.1:!_;

(9) p=3-2(x+1)7; (10) y =2 +tan x.

B (1) ¥ =622 =122 - 18,y" =122 - 12.

Fy =0RHELr = -1,x, =3.

Hi 3"l o 1= =24<0 R yl,_ =17 KA B ", 3=24>0 R yl ;=
=47 2k # 7MHL

(2) RBMEXIEH (-1, +) (-1, += )AAF H

e q e " )
prEd =y Aar )z(x:» 1).
Sy =0BEH =0y, n_|>n:wy|, 0 =0 KRk /ME.
= —12x% +4.

(3) ' = —d4x* +dx = —dx{x® -1),y
¥y =0HA 2 = ~ 1,2, =115 =0.
Byl = -8<0R yl __ =178 KMH.thy'l ., =-8<0Ryl,_;=1
HKAA, 1y oo =4 >0 Hlyl, o =0 B8 /E.
(4) RBMELIEN( e 1], (-, -1)AA]F, H

yago L 2ﬁ/1-x-1 P 1
2=z 24T-= (1 -a)M*
? 2 e 3 " 5 J
Ty =0RESRe=77,M",-3 = -2<0R yl, ;—=Tjﬁj‘ﬂij€fﬁ-
3/4 +52° — (1 +3x) - L _S(t_l_z_)
(5) y = 2/4+5+° _ 12-5x  _ "~ 5
: 4 4542 (44 5x¥V2 (4 4522 )2
A P 261§ E 12
Ty =D{§~E.'ﬁ1x=—5--

WM - <x<%ﬂ¢,y'>0.lﬂﬂtlﬁﬁﬁ( - o .—]Lﬁiﬁf@ﬂﬂ 1—l"lgdz;x < + oo fif

¥ <0, mtmta:k +m)J_mﬁm,v Mﬁy( )- JzTJE A .

—x(x+2)

(6x+4)(x +t+1)—(2t+|)(3t +dx +4)
{;a, +a+1)%

(2?2 +2+1)2

(6) y

4y’ =0 B3R, = -2,5, =0.
Wow <x< =20,y <O, I HERBAE( -0, 2] FHEEREAD Y -2<2<0

L,y >0, B mRBEl -2,0] LR REBEM: M0 <y < + o B,y <0, [H o887
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[0, + o) LR EEA. T AT AN y( -2) =%){H&’J‘{ﬁ.;}’(ﬂ) =4 Jyth KA.
(7) ¥’ =e*cos x —e*sin x =e*(cos x -sinx) ,y" = —2e’sin x.

2y =0, HEE A wy =2k +'§‘"»—f'k =2kﬂr+%w(fc=0, %], £2,5),

v 2 2 =
H’] 14 |.=.—.‘.’.l¢-n+'4i= _ﬁezkw+d <0 Iﬂ f'r:?k-ﬂ-ﬁ{‘ =feljw+‘ (=0, £1, £2,0=)

|

Jy i K AH.

in — 2 X
m .T'" I ;—'=2&-11+!T“ = ﬁelkm+7 s 0 H ¥ |‘:3k“+!:_r = 2‘/-32&-.1+.17r (k=0, =1,

£2, - ) Fp B M.
(8) PREAYE LE A (0, +o ) (0, +o YA F, H

I L - A 4
j,n=(e_—ln.t)r=e.ln.: _Q‘_:x, -.2([_1" x) .

2

p
4y =018 S x=¢.
W0<x<elf,y >0, K it KB A0, e] EBBBA: Y e<x < + o B,
¥ <O, I BRBLE e, + 00 ) b BRI THAT AL y(e) = ev WARALH.

(9) Boak 1By = = 5o b 0. X a = 1 RO E L
T

HARBAE( — o, +oo ) AR T BRETE( - o, + o0 ) AR (EL

(10) Wi y" =1 +sec’s >0 BG4 KB ( = oo, + 00 ) P9 BLIHG 0, DT 524 7E

(o, +o ) WIHIHE.
B2 e :ﬁ[]ﬁﬁ:ﬁﬁy:axi + b +ex +d W FY b = 3ae <0, 4 XA B EA
e fF.-
Wy =3ax" +2bv +e. 1 6% —3ac <0 W a#0,c5#0,y" & K =00,
A=(2h)% -4(3a) - e=4(b* = 3ac) <0.

Mo >0 0F,y () G IF O b, BAE o 8 b, 8y >0, WOl B 8 eR BT
(-oc,+o )APEFAEM M a<0m,yWEQRAFImTE, LAE 8 F H, 8K
¥ <O, NTTT T 45 R BLTE( — oo, + o0 ) PRI, [, H B4 b -3ac <0 W7,
P RECAE( — oo, + o0 ) LI B RECHE( — o0, + 00 ) NGB (H.

B3 BRI o o TR, B/ (x) = asin x +—sin 3x 46 = T AHRIBAN? EALBK
AT R I

2 ['(x) =acos x +cos 3x, R « =gﬂﬁif§*&[ﬁ,ﬁlﬂf’(%) =0, acos % +

cos =0, a=2.

M f"(x) = —2sin x — 3sin 3:r,f"(%) = = 2sin % —3sinw=-3<0,HAIL
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A7) =2sin T o oin w = A

B4, RERE S ) TE xg A A n B S8 H S (%) =f" (%) == =f"" (x) =0,
£ (ap ) 0, 3iEW
(1) % n RSt f(x) 1 xg ARIRFE A
(2) % n REBOT () TE xg A HAE, B2 7 (x) <0 B, f(x) HRK
B, 2571 (xg) >0 B S xg) KA/
iE AR AR o Mg AR R B R,
j“"’(xﬂ)

(% —xg)" +0((x-25)"),
n!

A=) =f(2) *

. 0 Gy :
B f(x) - fQag) ':-f‘ wr: 9 (o= 3" +ﬂ((x—x@)"),Fﬁﬂtithfjﬂlf(I) = flxg ) fE g

S PO B ) ) g HEAB R B B

n!
el

(1) Ha }jﬁﬁ{ﬁif,(m—x”)"fﬂf_ Xy ] 5 5, By A (-17_350)" H‘Exﬂ )

n!

YT T f(x) = f(xg ) 7E 29 M 555 8 S (x) 7E xg Ak A M A 1 L

{n)
(2) % n B, 46 2 B (x-20)" >0, /" (xg) <U,!ﬂ'lj n('-’ﬂn)

(x=2xg)" <O, Al f(x) = f(xg) <O, B f(x) <flxg), 80 () R Bl KAE ;%

L)
£ Cxg) >G‘[ﬂ|jji ('r“)(x_,xﬂ)";,()‘,y\ﬁf(x) —f(xg) >0, B0 f(x) >f(x,) 8

n!

flxg) A /H.
B 5. A FH S 4 BE e AT IBER A flx) =€ +e T + 2cos x IR (H.
I f(s)=e*=-e"*=2sinx, ["(x) =e"+e *-2cosx, [f"(2)=¢" -
e ™%+ 2sinx, [V (x) =e* +e % +2cosx, L/ (0) =£7(0) =/"(0) =0,V (0) =4 >0,
Pl e B B ) 7 2 =0 Bb AT BN, Bl/NME R 4.
6. K3 of B i KA L B/
(1) y=24" -3, -l <x<4;
(2) y=a"-8x>+2, ~1=<a<3;
(3) y=x+ JT =%, =5=x=<],
(1) WMl —1.4] LS, Hy' =64" —6x =6x(x-1).
&y =0, Ex =0, 0 =L BBy .o 1= -5.9].00=0,5 |2y = =1,
v, =80, FRMMB ARy |, =80 BAMER Y|, = -5
(2) PR%AEl -1,3] bl B
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3"::4.1‘3 ~16x =4x(x-2)(x+2).

Ly =0 BUK % = -2(8 %) 2, =0,5,=2.
H.’.ﬁ_‘“;:el = —5;‘_“"1:" =21J.|r=3 == 714':"|1=3 = ]]_ﬂ}.ﬁﬁﬁ[ﬂ{]ﬁkfﬂjg

ylx‘-.i = !Ivﬁd‘fﬁ%j ,le:I = - 14.

- , o =, - I 2 I-t—l
3) R El -5,1) 1 r Hy' =1-
(3) HBAEL ~5,1) A% By =1 - = A

Py Eaeae i O 5 )
2y =0 BERc=T7 Wyl . 5= ~5+6,yl,. 2= =l =1L E R

RKIEN ¥, -2 = RN 1, 5 =f6-5.
BE7. WAy =247 —62% = 18x -7 (1 <x<4){E ] &b WA Fe K MH? IF oKk HH B 89 &
KA.
W ORBIE 4] LTS, Hy =627 —12¢-18 =6(x + 1) (x -3).
S y'=0, 88 v = -1(RFE), x5 =% Lyl = —29,5], .3 = —01,
¥looa = — 47 PREBTE v = | AR A, A W v, -, = =29,

68, i ARy =2 «%(uﬂ) 1 fol 4 B /M

3
BORBE = 0) RSy _zHS—"—’(—“{_E” g B
.'F.

X
Ay =0, fBBE M x= -3 ol L s =650 M x= -3 MB/NEL. XRTE
(= ,0) P BIBE S — OB/ R /ML B x = — 3 W RUMERL, FLIR N
fﬁﬁ]}'lt;_} =27.
o1 3 Iﬁlﬁﬁ(;}crziI(.'aaﬂ)i‘ffﬂﬂbmﬂ}ﬁ%j{fﬁ?

B EETE[0,+) b0 S,H
_:cz+]—:tf-2;r= =2
(== +1)* (& w1)2

"

— Pl S —x? )
(ot 1)

5y =0, M8 M x= - 1(&EX),v=1 dy,, =’8—4= -%fzo fla=1 Wt

FE A, LR A0, + =) A GE &HE—, BB A I AT B R R OKE R

Bl =1 AT 2, ELRAAE N ), _, =%.

B 00, 7 ol 4 i o B 5 — AL IC /R, AT A7 LA 20 mo K69 4 BE. [R] R B AR
BRI T A RE M 8] /) 2 A T B K Y



114 — (EEHF) FLtR) LHaEL R

v

H3-3

mOmE 3 -3, X E/NEME R o KRy MR B TR S =y
B 2x+y=20,80 y =20 - 2x. #
§=x(20 -2x) =20x - 2x%,xe (0,10).
§ =20 -4x,5"= -4. 4 8" =0 88 M x=5. th 5" <0 H x=5 b A0 o, LB S
— AR R R B (B BV Y T S m R 10 m A ] /s 2 B T A K
B, o — Wkl B VR RS r B kST £ DR, A RE 1 i B
A XA S A LS

W T wrtho= VD b = A 6
r

mw

2 V
A =2ur +2arh =27r +27r ¢ —=
wr

V
=2 +2—, re (0, +m= ).
r

A’ =411'r—g¥, A" =4 +ﬂ.
re r

3

3 Vv o

a
4 A" =093 r= /}. i A
T -

SUBE M OB D R N e k= =2 o

mr

ik =101, FFEA S 8 Hr = ﬁm;@; =3 /ziﬂaar.zrﬁmﬁ-z%mﬁzﬁdx. X i B
BERME R,

H3-4

B 2. ML X B 5 il i 768 A0l T 2 (B (P9 3 - 4). BT A9 TR RS m? . Al I BE x
Ry 22 A ek A BE (O A THT ) R g /s, DA T 7 8 3 T ) B Rk dee A 7
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.
. . x g N : 5
7 &ﬁmﬁﬁﬁ%t&w,awﬂ+2Jr+%"&x;-+§(§) =5.Eﬂy=?—£§-ﬁi
I=I+E+E el D -4—Q
4 x ! . T
- a 10 20
‘i: PP l":—'
[ l+4 2 i
40 20 40 :
A | LD e | = e " L Y = —a )
&1 =0 e e =, [ | = > O B k= [
4+:rr)

5 S A — B (R A R /(8 . T L 9 = ;‘T”ﬂw.;r

(o 8, T8 ) JAR G ik /s, AT 8 24 e O D ) A A A
13 A Bk Ske (4R BT K B2 FafEmT iR (3 -5). &
BE B F M =0.25, [ F 5K LM a B AR FagKRA DR
f W3 -5, FERAREIFIRR U Flcos a= (P - | Flsin a)u 5

P -
|Fl=—F8 ——, cxe[@,i].
COs @ + @Sin o 2

4 ¥y =¢os @ +MUsin a,a € [0,%),!}3] y' = —sin a +pcos a.

= —cos g —psin oy <0, FrEUSE AR o

4 y' =0, 44 4 ap = arctan g. X y"

Sl FofE A, LB M — M e MRy =y(a) BB OKEA, X,
Bla = ag = arctan(0.25) = 14°2'w , Jj F gy ks %y /.

14. H—FFF, XS TEE 00— Y. 6845 0.1 m b — LR 49 ke 844K, i h F4L
B9 54— S AT AF R 5 K (183 - 6) . IS FLAT AU 2R 8 0 S kg/m SR T EFF 7

: F
F 0.1 m
i.ﬁ'l o
o 5
7o
FT77 77777077777 77777
1 P 49‘ kg
#3-5 3 -6

M MNE3 -6, RE HEFHE R o (m) W EHFCAT BT Ak S, th D B2 K

x|Fl =49 x0. 1 +5gx + % (x>0),
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Hl
IF| = Qg+ig1 |ﬁ'|':—4',9g+—g
2 x 2
v 8
| £ =:J—g.
9.8

>0, x=1.4 hth/NEA, X

SIFI =0, 88K x=1.4. X IFI" -
suicd [ 1: 45

BEE— Hitk v = 1. 4 R BR/AMEEBIFFERN 1.4 m B i2dg ).
s, \N—H RN REMEs LELE—TRIEHE—T0=FCE3-7). W8T 95
0 ot o B2 K, Ao i) i =1 09 75 AR R

~—~—

3-7
B O WmE3 -7, @R R A, T EERL RN EBA V=

%wrzh,ﬂ'_
2mr=Re, h=yR* -7
i

3
1”=—\R aniet -9 (0<ce<2m),
247"

2 ] 167 g’ - 6g° o’ . Brwlip -3¢’

U 3 filgt —gf U finl-gf
s V':Oi%wa/—g—w:%gw. LWo<e <2f. W,V >0, 8 V:@%[n,“iﬂ]mﬁéiﬁliﬁ
i s 24° ‘rmp-»:zﬂ m, V<0, lfrf[—-ﬂ zq)fimiﬂmﬁﬂr.tﬁﬁtw-iw oL N

fﬁ.@z.mz.@:-ﬁﬁﬁ,Mﬁw!‘%‘gﬂm;@ﬁm&s 4 o O A 0 025

Bl K.
B EREMEG®mALSm, HERISm AEEE—16m % 2m @iy R, AF
WHF 6m BEHET L3 (F3-8), AR MG L7
@ W3-8, MR e, BARER M B e KIS N h, h
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Pt
h
EA®
I.5m l,-d
}
(a) (b)

3-8
15sin @ =h - 1.5 +2 +3tan ¢ Hl

h =15 sin ¢ —-3tan rp—“;]:—.

3 : 6 si
- h" = —15sin ¢ - .’-”; .
cos” @ Cos” @

h'=15 cos @ -

A h'=0,fF cos p= -E, B F5-HE— 8 & @4 = arccos /—]—#54“]3" prdf <0,
/\/ 5 5 @ = Po
B g =54°13" Fy dll A1 A7 it ek K AT, B3 g = 54°13"if ,h ik B8 KAE by =

I5sin 54°13" - 3tan 54°13" -;—37. 506 m . T £k F 25 KA 6m, BT LABE i b &

G17. — B Al A 50 4540 65 B 2 A HLGRE O 4 000 ST A St
F. % F LA RN 200 TR, 32 & AR EUR . THLG R 89 A E PR A
7 2 400 T RO HERE 98 . iR (6] 7 AELSE A & /0 i T R AR KOO

B s AR s, UHUR & 5 005 T 45 5 w“‘z‘;g‘-’” |

FHERH so-(2'010—20)=70—%0.$ammmf%ﬂmm—400_):1‘:. e 34 A
2
X x ;
y-('fo—iﬁd)(x—d-ﬂﬂl-—ﬁ+72x—28000.
y_ o x o =L
A AL T

A y' =0, 135k K x =7200. i y" <0 %l v =7200 g 4% B, ST A — X
e {0 A5 R I . ) 24454 ) B RLSE E 7200 DT, AT ZRAHRR A
Bi18. Eﬁliﬁdfﬁ—’i"#ﬁﬂﬂlﬁﬂiﬂa4Dﬁ.ﬁﬂ§1?’ﬂ-’|“?ﬁ’f@ﬁﬂ%&%fffﬁxﬁ.%ﬂﬂﬁ*ﬁ‘#
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i
x—40

B H D e, b HIER S [0l 2 FERY B U K BE A i AR i 7
iR R RECH p(x)
plx) =(x—-40)n=a+b(x-40) (80 —-x).

p'(x) =h(120 -2x) , ’
A p'(x) =0, x=60(70). th p"(x) = =26 <0 Hl x =60 F# A &, LI L —,
XM A {E A R R (A 0, BB 4 4 5 TE 60 o I Al 4 2 J7 AR .

42T 51 oA B PR TE

+b(80 -x)

n=

R ERNES

1. }-zl—(x4—6;1¢2+8.1:+7); 2. ol ad
5 l +a°
3 g =la=1Y? 2 1
. y=e ; 4. Y =X +—y
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x
=l _1:—]

_!imx’(ln r+1)Inx+2* " 4 (lnx+1)
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(l)j’ej‘dr.;

(3) fl fxz.t'

(5) f(ﬁil’l ﬂx—ei')d.t;

(7}_[xe"’dx;

(9}J 2 A
V2 =3

(ll)J % +1 e

% +2x +5

(13) J' sin .‘II

(O‘i x

2
%+ sec xdx;

(15) jlanm

a7 | g :
( aresin x)* /1 —x® '

(19) flan\fl +x° sdx =

S+ a2

l+lnx

\2L3 J'(:;ln x) o

In tan x

(23) [ dz;
cos xsin x

(25) fcnsz (wt+@)dt;

(27) j(:us 2008 %dx;

(29) j tan’ xsec xdx;

(31) j ;‘:;;de;
(33)[

2x? — 1

{2)[(3a2xﬂdm;

(8) jx(fus( 22 )dxs

(12) Iccrsz(wt +@)sin(wt +¢@)dr;

“4)J' Jsin X+ cos X .

Sin X = ¢cos x

(16} jxh] xln In P

(Ig) f 02uru~n- -

(2mj

]i'c

arctan ;/.t
S dx
Jr(l +2)

(22)ff_£*4_;

SN Xos x

(24) J cos’xdxa:

(26) jsin 2xcos 3xda;

(28) J'sin Sasin Tadx;

<3n)j

e+e“

mz)fgi;ﬂu;

dx
(34}j(x+l)(1—2):
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2dx
(%S)L = —dx; (36)[ a:-x?(a}o);
dx du
(37)[»\/1’2——1; (38) fﬁ.
(39) f‘/‘ x; (40) J'l —
af I
dx . da
B (] |———
‘I1+-‘,f’l—:r2 “"41\;‘1—;71:'2
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) [ st 4 iy

(1) % u=5, B —RMcEH
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(2) B u=3-2x, iFE—KKhokBH
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(3) Hu=1-2x, HE—LHRTER
lf’fh: = %: —%ln]u[ pillis ﬂ%lnll-—le +C.
(4)[%: J' -%(2-3:)4&(2-33-)

R N, U & P
3 2 ; =2 '

(5) j(sin ux—-e:—)dx = fsin axdx — [e%dx

= J'Lsin axd(ax) - J‘be;_d(%)

24

COSs ax
@

:1—( ~cos ax) —bev +C= -
a

(6) J"““ dr_fzqudﬁ- ~2cosfi + C.

(R) j:‘ccos(xz)dx =°;—fms(x3)d(x3) =-21—sin(:r1) +C.

d = -?j(2—3x2) “T (2 ~3:%)

(9)] —

~Bet ¥
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=< 2(2=347)T 4 ¢ e
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(10)[1 LR d(l ) = - lall -2l +C.
1 I d(x'+2x+5) | 5
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(13) J‘ L tdi‘t-’— —I . -d( cos x) = : +C.

2
cos® cos’ x 2cos"x

(14)j sin x + cos x J’d{%mx—(‘ost)

-"1" sin ¥ — oS x A/ SN X —COS X

(15) ftam'ox - sectxdx = ftanm:cd(lan x) =-11Tlan”.tf+C.

=%( sin 2 — cos x)7 + C.

d(In x) d(Inln x)
$3%) [.tln xln Inx ) In xlnln x I Inln x =lallnln. &l *

d( arcsin x) _ |

( 17) [ x = J. “ = . + C.
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(18) j dt f -10 d( arceos x) = ST 3.8

%
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"]“|(t05~/l +:1‘+c-

arclan J_ 2arctan
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{21)‘[ l+ln:r d(linx) B 1 L0

(xIn '17)‘ (xln x)? xln «

(22) j—t = J-csc 2xd(2x) =Inlese 2x —cot 22| +C =Inltan x| + C,
sin xcos x

(23) J-ln—la'}id.r = Jln = xd(tun x) = fln tan xd( In tan x)
CcOS XS X tan x

2
= (In tan x) -
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(24) Icuijdx = f(l —sin®x)d(sin &) =sin x —%sinax +C.

2 _feos2(et +@) #1  sin2(wt+@) t
(25)Jms(wt+qp)cftwj ; di= SR +—+C.
(26) _[Si“ 2xcos Jxdx = j%(sin Sx —sin x)dx = —l]—ucos S5x +—;—cﬂsx+c.

(27) Icos xcos -%—d_r = f;—[ cos %m + cos —;ﬁx)dx
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32 2

f H%(cns 12x — cos 2x)dx

I

(28) jsin Sxsin Tadx

1"

- EIESi" 12x + %sin 2x +C.
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arcqm—
3 9 —4x*
3 + a +C.
4 9 rd(9+x*) a° 5
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2 e
J’—xi = [uzsinzu(¥zx =a’ JI——L-(EQ—Udu
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.
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X
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e
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x
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X
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x
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Hﬂﬁ—‘g‘f’ﬁf x;—g x=/x* =9 = 3arccos i+ C.
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i
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I‘l‘ f‘l _IE l‘l’C(lSﬁ 26{}52%
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1 + cost 147 = 2
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(42) ¥ x = sin .r:( -—-<!<-—) /1 =2 = cos t,dx = cos tdt, T &

cos tdt

j ﬁ f%mH—coq

g =J' cos tde I, =J sin td1 F

sint+cost’ © sin ¢ +cos t

i+l = fdr=z+C,

08 1 — sIn ¢ d(sint+cost . =
_{1=[“—Wd—f ( ):lnlsln:.+(:03.'.|+ﬂ,

sin ¢ + cos ! sin £ + cos ¢
-
K4

I1=J'M= (¢ +Inlsint+costl) +C,
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sin ¢ + cos ! 2
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dx ]
———  =—(aresinx +In | x #/1 =2 | ) +C;
J‘:q:+-.fl-xz 2

A =sin o g <t —%)‘Eiﬁ.l;fﬁfﬂﬁﬂﬂ.nﬁ%%ﬂ( 1. _%i)m:ﬁ*ﬂ:ﬁm
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x+1
al ==
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a3y [ =2 —de = [ 2 [ 1 B
; )fx +2v +3 ! e 31)° ? QI (.1:+1)2+2 J_f % +1y2
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iln(x + Bx+3) — S Darctan S kL e

2

2
j‘ % 31 Jtant-i—]
(1: *l-])2 sect

cos’t —
1[(((}”) + f

cos

(44) % x =!an£( e G0 <-;L),ﬂ|[ 2 +1 =sec’t,dx = sec’rde, TR

1 + cos 2t
—d
3 t

1

! 1
= — cos’t—Incost+—+—sin 2t +C
2 4

[

¢ 1 .
=—cos t—In cos t +— + —2f~sm tcos t + C.

2
M tan t=x fESEN =MIB(E4-1) EH

TR

3 -
J‘x + S ax = i3 +‘l—|"(]+1'2)+~l-arctan.t+c.
(2 +1)2  2(1+2) 2 2

pmms

KFEVN AR
1. J-xsin rdx. 2. J-in rvdx.
3. farcsin wda. 4. jxﬁ “*dx.

5 j::z]n xdx. 6. fe “*eos vdx.
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T je‘z"sin . 8. jm;s %dx.

9. J’xz arclan xda. 10, leanzxdx.

1. f xZcos xdx. 12. Jte'z'dt.

13, flnz.uix. 14, f.»csin xeos xde.
15. fxlcusl %dx. 16. f_tln(x —1)d:
17. [ (2 = 1)sin 2xdx. 18. j':;"‘dx..

19. f e* dx. 20. j oo ln xdz.
5 J-(arcsin x) 2 dx. 22. Je‘“sinzxdx.
23. J’xl_nzxda:. 24. jemdx.

2 fxsin xdy = - de(uu& r) = —xc08 & + Jcc}s wdx
= —x¢os x +sin x +C.

2. f In xdx =xln x - J’.\: . —I—dx =xlnx-x+C.

x
dx = xarcsin a ++/1 —2° +:G.

. : |
3 farcsm xdx = varesin x — fx .
1

4. j:re“dx: —f:ucdlff'1 = —xe T # -{e"’dx:: —xe Y —e 4+ (.

3 3 3
5 f:rzin vilx =-;—J1n xd[x}) == If: I_%fxﬂ ’ %dx:x ]3“.‘:_% T

6. J‘e""ms xdx = - ftns xd(e ) =-e "cos x + Ie“( -sin a)dx

1

—e Teos ¥ + Isin (e ™)

= —& Ycos x+e Tsinx- je “Teos xdx,

i A
e "(sin x = cos x) L C.

2

j e Feos xdx =

7. je‘hsin%dx: —%Jﬁin%d(e—h)
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Je Eﬂm%da— ——2—

:2J'xd(sin i)

2

8. chas —;—dx

9. J-:czarc:lan xdx =

10. J’xtanzxdx = Ix(secix -1)dx = J‘

11. J'xzcus wdy

12 Ite'z'dt

1}

1
= ——e"

2

= ——eg

2

smi-l-_J —C08 ldr
2 €083
'hblnj;— ——Jnuq —d( ‘2‘}
'hsiniuwl——e m‘;——+-ﬁ

2 8 2
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2
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| x
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b 1 X

2 2

. B - B
= 2xsin — -2 I sin —dx

2
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2

2

far(tan wd (&) —'%“"t’ arctan t——j

=-;—xjamlan x —%f(x o ,)dx

1
3

9

-

vd( tan x) — -

| +x~

6

2

x =
=xtan x + Inlcos x| - 5 +C.

= szd(sin %) =x’sin x - flrsin xdx

=x’sin x + fod(crt)s x)

o Tl
=x°sin x + 2xcos x — J-Z{'ns xdax

2

=x"sin & + 2xcos x —2sin x + C.

2

2t

_l_t i T
28

1

ol td(e %) = -?le

1

—e " 4 (.

g ;—Je'z‘dt

13. J-lnz.tdx =xln’x - len xdx = xln’x - 22ln & + jde

= xln®x = 2xIn x + 2% + C.

Fyin —

)e'z"‘ +C.

=—atarclan x —%‘L +~ln(l 2 =1

(

| +a°

—;—) dx



154

— (BFHENFLR) LRI EER

14. J’xsin xeos xdx = f —%—d(uns 2x) = -

xcos 2x

4

+ %J‘ cos 2xdx

= _xcoc. 2x +sin82x L.

1

15. jrzcm mdx ‘*—f 22 (1 +cos x) d:\-——.]. +—Jt d( sin x)

=—é*:rj +%_1‘2sin x— J’xsin adx
_i"l'a +~]—124in X+ f;rd(cm x)
= o sin £

s Eow,
=—x" + "_i*.t §in X + XC08 X — Cc0s :‘Ed.‘l’

6

I 3 ] 2 & . ol
=—x" +—a"sin x +xcos x —sin x + C.

6 2

16. [ eln(x-1)dx =1—f|n(x—l)d(x2 =i

2

_l_ o = _L
2o(4? <1)lnkx 1) 2J-(.1:+I}d:c
_i_( 2 _1)In{( _])_L.E__l_ i
=% n(x 3> 7 x+C.
p ) 1
17 f(m ~1)sin 2xdx = - (x* = 1)d( cos 2x)

ln3.'c

19. fe“"r‘-d't

;—( x° -1)cos 2x + J':r-c.ns 2xdx

= %(xz -1)cos 2x + % j,t'd(sin 2x)

I}

- ?( 22 —1)cos 2x + —:;Htsm 2x -*J-.‘:HI 2xdx
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= _;_(xz - %)::05 2x + -:lz—xsin 2x + C.
3

gj—lnjxd(%)=“ -‘ifln Id(%]
o ln:-'r 3 lﬂ:I +2[in wd( L]
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X
s=u’ fﬂ-uzeudu - j3u d(e") =3u’e* - jﬁud(t‘")

= (32 =6y #6)e* #C =365 (23 =21 43 3 C.
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=g

—J e cos udu ,

20. J’cus In xdx

i}
je" cos udu = J.cos ud( e} =e"cos u + fe"sin udu
=e'cos u+ jsin ud(e")
=e'cos u+e"sin u - je“cas udu,
Lt]ﬂ:tfe’”cus udu = LAl u:2+ SRk ) +C,5H

x(cos In x +sin ln x
( ) + (.

In xdx =
jcns n xdx 5

21, j (arcsin x)?dx =x(arcsin x)? fzmn g8 X4

= x(aresin x)* + JZan‘.sin 2d(/1 =x2)

=x( aresin x)? +24/1 = Paresin x - 2x + C.

22: Je”'sinzxdx = —%— j e*(1 -cos 2x) dx = —éﬁﬁ"' - % J’ e'cos 2xdx,

J'e‘c:ns 2ady = jcns 2xd(e*) =ecos 2x + 2 je"ﬂin 2xdx
=e'cos 2x + 2 f sin 2xd(e®)

=e‘cos 2x + 2e%sin 2a -4 J e cos 2adx,

(= Ie‘cus Sl - 3 XS 2x ;2"' sin 2x + €A

1 1 1
X "y 2 r x - x Fal
e*sinxdy =—e* ——e'sin 2x ——e"cos 2x + C.
I 2 5 10

2

23. fx]nzxdx = jlnzxd(i‘) ?Inzr - jxln xdx

2 2 ..

L - N E g ¥ ¥ 4
2|nt jlnrd 2)~2|n}. 2]nx+J-2dx

)
a.

(2111 2=2lnx+1) +C.

24, 1% V3x+9=u, Bl » =%( u? -9) ,dx:Tu.du,E!l]

J e V340 4, = f——ue du = f—wd e")
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: +1
( Ji)
1 7 Zx—
=Inll +xl —-2%]11(:.“ —x +1) +,Barctan C.
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-?lnlxﬂll+~2—lnlx+1|+x+l+c

1 » 1
=— -1l +——+C.
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R
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-[3 + sin‘x Jesclx + 1 f3u‘ +4
= — aretan@+(.‘
2.3 2
| Jeot x

15. 4 u=lan%,91|]

dx 1 2 1

I :J' =8 - sdu =I sdu

3 + cosx 1 —uw® 1 +u° 2 +u
3+

1 +a?

| i -
=—arclan — + € = —arclan + (.

2 2 8 V2

16. 4 w =tan —x—,_fJ!IJ

2
j d.I = J I . 2 du = J-—,,—l_du
2 + sin x 5 4 2u 1 +u? u- +u +1
1 + u?
= J. 1 sdu = iau*cl‘zm 2"’_+l +C
(e d)'+(8) & 7
2 2
Zlan%-kl
=—arctan ———— + C.

3 3

17. 4 u=1an %.Eﬂ.il

dx _ f | 2 du

1 + sin x + cos x
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=I du =lnll+ul+C =In
1 +u

1 + [ﬂni
7

18. 4 u =tan —g—,!ﬂ']

dx 1 2
= =j - . du
2sin x — cos x + 5 du 1—u‘+5 l +u

1 #ur 1 w4

= 1 du

3u® +2u +2
(e )

1 3u+1
e

= —arctan

s 5

= ,3/x+ A e=0 =1, 00

=3+

f1+,/T j1+ud":f(3 [iu.

)du

P 3u+3nll +ul +C

—ﬂ:’ % +10% =3 1,f'.:|:+ +31n|]+ x+ |+C

2
20f oy dx=f(.t—ﬁ+l—-ﬁ+l)dx
2

0o | L N|m

1}
|
|
=
=
+
®
|

x 2 1
- 4 e [ |
2 3 H' :_+1)‘
=-§—%xﬁ+x~4ﬁ+4!n(.ﬁ+l)+ﬂ.
Au= Jr+l, Ml e=u® -1, 0
J x+]_lx=ju— « 2udu = 2[(u—2+ 2 )clu
o e 1 4 1 w+ 1 u + 1
=u* -4u+4lnlu+1l +C

=x-4/x+1+4In( Sx+1+1)+C (€ =C+1).

+ C.
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22. & u=yx, Wl x=u N

cdutdu = 4” w =1 + : i ])t.lu.

J’ dx _I 1
Jx + % u + u
=24 ~4u+4lnlu+11 +C

=2fx—4 fx +4ln(Jx +1) +C
23. MiE—

- 2
’{}—“u:il = ﬁl]t——uz,ﬁw
l +u
X dx 1+u.2 —-4du - 4t
J = i - Y _,du. = - 2 du
l—u.2 (1 +u°)~ (1 = u){1 +u”)

:J‘(] 4-2,,,,2 1 iu.ml :-u,)du

=2arctan # + Inll —ul =Inll + 2| +C

p' Jlex—= /1 =-x
= 2aretan
JlL+x+ /1 —x
Bit—
J’ 1 =xd _ - X dr -l'==~'i""_J']—smudw

I+,tx *r sin o

= ji.’st: udu = Jdu =lnlese u —cot ul —u+C

7
| —/1 = a°

=In - aresin x + C.

x|
24, J.l dx EJ' 21 x+l-d:r,
JisF = 1) =Wz -1
ﬁ%uzx f»l]t—u]+17['§}
x i

. - 6u’ du "—1—[(“1
( ‘ )3 4 (u?- = )2 5
LI |

I
—_—
=]

LY
+
— =

I da
Jxr)ix-1)°

A EOWR

BB RIE T IAER 5T
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dx - 1
— . | =————dx.
IYJ-/4_.‘2_..9 gj;vz+21+ﬁt
3, IL 4, j,/z:ﬁ + 9dx.
J5 —4x + 32
5. jw" 3x% - 2dx. 0. jﬂzlcos xdx.
. % d&
7. fxarcsm ?dm. 8. Jm
lx Ao
B J—S 10. [ e 2*sin 3xdx.
fsina % fe sin Axdx
11 J‘sin 3xsin Sxdx. ]2 Jlnjxd.t*.
1 Wx—1
13. de.‘t. 14. J’ = ~dx.
1 |
15. | ————d=. 16. | ————dx.
o 7=
= I
17. J{Z . 3.1:)1de 18. ju]a adx.
1
2 A r——
19, J:r W x? = 2da. 20. IE T xdx'
dx 1 —=x
x+35 xdx
. | =—————d=x. 24, | ———.
= j"z_zx'lt Iu‘l+x—x1
[
25. S T
JZS - 4xzdt

B TER T A& RS A S 9 T b YR BT R B G o A BB B o TV

BaokhbhHEY.
d(2x)

o O n L ORRKY
s
=%—]n[2x+ﬁl_—g+ C. (45)

= _‘24,.|2x wWf(2x)2 - 32|+ €

;'{3+I

+ C.(19)

" | . I
2. | 5——dx = j d(x +1) = —-arctan
jx‘+2x-+5x (x+1)2 +22 2

di(x -2)

: dx
3. =
f{s g+ j\/(x -2)2 41
= In(x —2 ++/5 —4x +4%) + C. (31)

=In[x -2 +/(x =2)* +1] +C
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4. [V2a2 +9dx = izf [(J3e)" +37d( /52
-f{fvmnqn[fﬁm} +C

249+ %"—ﬁln(ﬁt +4/22% +9) + C.(39)

Jig[ SR = (214 )

- %[‘%J{@;)* (@ -

1}

1l

5. j../axz - 2dx

J—)Z
| e+ JCET - (] €
- 2T g‘_-gln | fBe +/32E =2 | + €. (53)

6. Iez’t:us xdx = ¥ ] 1282’(siﬂ x +2cosx) + C
+

= %ez"(sin x4+ 2cosx) +C. (129)
—)arrsml +ﬂx J27 =:x* & 0
4 2 4

= (L— )ﬂrc-smi i J& — 2 + C. (114)
2 2 4

dx dx

8. =: | =

j(:cz +9)? j(x’ +3%)?

x 2 x2 _3J dx
= 3 % 2 3
W2~ 113 % 3% (2= 1)3%).a% 4 37

L]

8 Jxarcsin %d:r- = (I‘— 2

1 x
R, . — ] e, 0 — p &
ﬂr(‘ﬂll3

18(x% +9) 18

X I
e e 19
IB(xz +9) q4dl‘l‘ufﬂi’l 3 +C.(20,19)

dx s X
9, g
sin“x sin®x 2 sin %

108 |
== Zl:::);x + ?]ﬂ | ese x = cotx|+ C. (97.88)

10 [e sin 3ads = 1 _oear Detaiis <= Sees 3%) # 6

(= 204 %3°

=—E]3 (2sin 3x + 3cos 3x) + C. (128)
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sin(3 —=5)x + C

11. jsin 3xsin Sxdx = —msin(:’: +5)x +2(3 5)

= —%sin RBx + %sin 22 + C.(101)

2. Jlnzlxdx x(Inx)? —3Ji|izxdx

= x(ln2)? —3[;\:([n :r)2 -len xd:u]

= %(In:x)® -32(1n 2)> +6ﬁn wds
= x(lnx)? -3x(lnx)? +6(xlnx-x) +C
= xln®x - 3xIn®x + 6xln x — 6x + C. (135,132)

| —x
x

+C.(6)

dx=-L—]n

|
13. | ————
J.tz(l—x) X
14.[”"]dx=2,/x—|—f1—dx
* xSz =1
=2./x -1 -2arctan /x -1 + C. (17,15)

] x 1 |
|5. \1 = o — d
f“”g)g-f 21 1+ %% 2J’l+:\:21

x 1
= ——— 4+ —arctanx + C. (20,19)
201 + %) 2

1

16, J——_dx = arccos +C. (51)
2 xE_] | =l

17. f;dxzi(]nl2+3xl+ % )+C.(7)
(2 +3x)7° 9 2 +3x

18. Jmsﬁmdx = %coajmsin T+ %J-c-as"‘xdx

5 3

= —l—ccrq xsin ¥ + i( Lcns X8I P ifcaszxdx)
6 YOS F; 6 4 1n x 4 ; [

1 B 5 T o) 3
= —cos x8in £ + —cos xsin x + — |cos xdx
6 24 3

F&

= —cos xsin ¥ + ir033xsin x + i( L1:*05 xsin % + —lﬂjdx)
R T 24 g\ 2

1 5 ‘ . 5 "
= —cos xsin 2 + —cos asin x + Técos isin x + —lgx + C.(96)

24

19. fx%/xz = 2de = 2247 -2)/a? -2 —-‘;—lnlx W -2|+C

8

Z (- 1)V -2 - n|y , T o7+ €. (56)
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!ﬂﬂi'l' l
1 7n 2 ’\ij3+c

— J g

20, IZ + Scos xdx 74 3

tan — - 2
2 3
, ﬁtan%-&-ﬁ
= In +C. (106)
‘ﬁlan-;— =7
21] da __./Zx—l_h J' ;
- 2x -1 - X = v 2x =1

o 2L L iren ST & G 136,15
x

22. BiE—
l -x 1 -2 x
[ = f dx—J' xdx-jmdx
= arcsin % ++/1 - x> + C. (59,61)
it

J E—xd::;=(.7|:~i-1;!,'1;15-—2.;111:sinfl_:v-i-'(f
| +x l +x 2
=./1 — x% - 2aresin ll;x-l-C.(Sﬂ)

5 I
oy, [220 g, x +5 P
J'-xz—gx—lx Ixz-zx—ltx fx -2z =1 -
|
:—lnlx —2 —Ilﬂ'—"* ———-dx+5 ——d;r
2 ~ f Te—1 Jx =0 = 1
=iln|x2—2x—1|+6- 1 .
SO =8 M=)
w25 =2 =4/(-2)* -#-1:(-1)
T =2 it —29% 4T ~1}
Lt e = 1 ST B R 1 L ey sy
2 Z [#¥ (2 -1)
24, J'L::—Jli-x—xz+—l—arcsinh_ + C. (78)
1 +z—x* 2 S
xt 1 25 625 1
25, | —2 %= (—2-— )d
f25+4x3x j4x 16+16 25 + 457 x
3 -
=¥ o g D0 L 4(2x)

12 16 32152 4 (22)°
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% 25 625 | 2x
S - —areclan ? + C

=% 16 " 3% B
3

x° 25 125 2%
:H Tﬁ* +3—})al"ii3n?+(¢(19)

OB WS =
(1) [Pefdx = ;

x+5
2 — ————dx =
(}J'xz—ﬁx+l3“:

(1) |xe*dx = f.rjd(e”) = xle* = 3|d(e")
= 3¢ —3[4*2# —flxd(e‘}] = 2'e* - 3te” +5(xe" -Je‘dx]

= xle" — 3x%e” + 6xe* -6e* + C,

BH O, BB xe® - 3x%e + 6xe™ - 6e* + C.

x+5 1 (2% - 6x +13)' 8
9 B = — . de + | =———dx
()L —6x+]3 ) e T Ry j-’“‘-exuz.
1 8
= —In(x? — 6% + 13) + d
e jcx—3)3+4x
=-%wln(1c2 -6 +13) +4arcmnx_3 +C,

2

E]ﬂt,ﬁifﬁ%ln(xz —6x +13) + Aaiclan = ;3 + C.

B2, LLF R PA  T A e, WA — A TE W B A i
’ _ —]__ . = e
(1) B2 = gy AN = LS SFC ),

&Y, Ind 1 20 2) + 1 (B}%In(]+21nx)+l
(C) i1 +2Inx) +% (D) 2In(1 + 2lnx) +1
(2) fEF o5 b, IE 600085 52 ( ).

(A) [5'(x)ds = fx) (B) [df(x) = f(x)
(C) :%Jf(x}d.r = f(x) (D) dff(x)dx = fx)

(1) hE S ERER A
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Y o 1 ——— i T (I
fz) =f(1) = ﬁ-‘r(”d' = T rann - A% ¢ Bl )

x 1
?f In(1 +2iru)]l = ?ln(l +2lnx),

LR &A1) = 128 f(x) = +In(1 +2lnx) + 1 4LiE(B).
(2) HIESCGHER SBAERNXR, T
Jarte) = [r(xde = f(x) 4 €
Side = £,

dff(x)dx = (%ff(x)dx)dx = f(x)dx,
Rk (C).
3. aﬁcﬂ“i:’%ﬂx) El{]—’?‘ff?‘:ﬂﬁﬁ'.}kj;t3f'(x}:Ix.

+ C, /) f(x) = (Si" 't) = IC“SI;sinx B

x x

BRI A /) de = T2
i
[eif (e = 12 =[x dx = x(aeosx - sinx) - 3[5d(S25)

2 . sin x sin x
= x"cosx — xSiN X = 3(1’2 . -—f . 2.1;({:5)
x x

= x’cosx — dxsinx - 6cos x + C.

B4 SRFARERG A a,b HHH) -

dx %
1 z 2 lx;
()fe‘—e_’ ()J'(;_xﬂ”

% 1 +[Db£
(3) jaﬁ_xﬁdz(u >0); (4) J’x+sm‘$

Inln x sin xcos % |

5 lx g 6
()JI”: ()jl+51nx
(7) J'tan‘*xdx; (8) fsin asin 2xsin 3xdy;

e [a + x
(Q)J'm; (10) n—xdx (a >0);

(12) [xcos®xdx;

1) fdix
Jxa(l + %) '
(13) je"coa bude; (_M)f

dx_

1 + eF
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1x
(15) [ ————;
f.xz\{ ;152 - l
da
AT) | —rm;
J.H:l:«fl e

(19) jln(l + 22 ) dx;
(21) Jarclan Jxdxs

3
X
(23) J-——s—zdz

(25)j

16—:

(qj)J’xﬁ'Hlnﬁ' &
1 + cos x

B 4
mg)j”J;+Jj ;

e + e

(31) J’E-“_‘——_h—

e™* + |

(35) J_ﬂ,v‘l — x*aresin xdx;

e

1) [ G

(18) fﬁsinvf;dx;

lqill"l t

(20) f

('Db

(22) |

Slll x

(24)[

+3x +

sin X
+ sin x
3

(26) [l

1 +cu‘sxd

dx;

2

———dax;

(28) e

2

Cos X

dx
(30) jfﬁ‘::;;j.

. re’
5 e,
(3z)j(ﬁﬁ+l)zt,

In x
(1 +I2)

x &F([[)b- xT

o

(34) |

A
&

38) JAm—

dx;

—————dx;

x
(38)f<—;———;
SN xYcos X

{40) j S1n xcos x e

sin x + ¢os X

Zx

(BT [t
(39) J’ (2 + (.,itx)sin x
|
HY it
=%4

| e =11

+ C.
e’ + 1

i n=1=x | 1 1 1
~ = - ldu ==~ — +
e I(l '5\5')3(11 j(ltz u3) . I 2

!

1

= - + + €.
l-x  2(1 -#)?
%2 o d(x*) u = x du
(3)Iaf’—x°dl_13(¢r6rx6) J3‘::;'."—1412}

| 1 1
% du
fmﬂu + it a3-u,)

XeOS X — $In ¥ |

2

-
L}

ﬂ?lz-%ﬂpj—l_e’tlyﬂﬁ)

+ C
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| a’® +u ] a® + %
- In L= In + C.
6a’ a® — u 6a’ @ = %
(4) [Lreoss, jd_“__’ ] 5 wulo gl + B
x + sin x T + sin x
(5) J‘lnln ¥ dy = j]nIn xd(In x) = In xlnln x - fln X dx
X xln x

Inx(Inln x = 1) + C.
sin xcos x, d( sin® x) _ arctan ( sin’x)
(6) [P = 2[ +C

1 + suf‘x 1 + sin'x 2

(7) flandxdx = J.ian-zx( sec’x — 1 )dx

J’lan!xd( tan x) - j( sec’r — 1)dx

—tan’x - tan x + x + C.

I

(8) J.sin asin 2asin 3xdx J—( cos ¥ — cos 3x)sin 3xdx

I

3 J‘t os xsin 3xdx - chus 3xsin 3xdx

1

1 Fn v .
3 j( sin 2x + sin 4x) dx ]25'" 3x

- Lt o8 4x - -Lc 0§ 2x — l—sm23x + C.

1]

16 8 12
o3
dx T ou - u'du d(1 + 4u®)
9 = PN, I T )
( )Jx(x5+4) Il+4u6 24 I +4ub
6 1 :\5 +4
T = P M S T,
24||r|(| +4u") + C 24In = e
=i|n|x|-iln(xﬁ+4) +C.
4 24 '
(10) BiE—

d{a? - 2%)
f'\/idxzfﬁ;dx =affi?d(_:_)_% ﬁ

1l
=
[~
-
[+
=z
=
I
=
[35]
|
o
(5]
+
]
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2o 2a
e + f

= ~du
| +u”

1 +u’

2au
= - + 2aqarelan u + C

1 +u?
a +x a + x
+ 2agarclan +C
a - x a —x

@+ X
—-Ja* — x* + 2aarclan + €.

@ — X

(x —a)

(11) BiE—

f—ﬁ—‘f dx

Jx(l +x | 2 2
o \/(’”%) _(]?)

1
X ==—+—8s8C U
2

2

fse(: udu = Inl secu +tanul + C

=In|2x+1+2 Je(@ +2) |+ C

- | 1 x
; : = [)H‘._, [ ——————— = —— !iiikf ==
M= Sx2WLED s x«/1+r i

x
1 +:t:"E|]

2

=
I

-l

J'w/;(d%m=j1—2ur2du J(11—1t+l-ll-u)du

:I’1+u e JT+aefxl | -
i =i /1 +x —Jx

1l

l“|2:1:+] +2 Jx(1 +:c)'+C'
e < ﬂq‘,{ﬁ?%ﬁTﬁf—f—('j.x_T—T= ln]ay 41 +2 JHIFH) |+ C
X x

(12) [xcos’xdx

1]

—;—Jx(l + cos 24 )dx = %J-xd-(ﬁa: + sin 2x)

_ %(2x + sin2x)
- 4

- %[(2.»; + sin 2x)dx

x* xsin2x cos 2x
—_ + + C.
4 4 8

(13) Ha # 00},
1 1%
Je"’cos bxdx = —-Juus bad(e™)
a

1 b .
—e™eos br + —|e™sin badx
a [va
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= —l—e“’cos hx + i sin bxd(e®)
a?

1
2
= ]—t* *cos bx +—b:,—e sin bt—b—z e™cos badx,
a a a
(K 1A
J’e’”cnﬂ brdy = — 1 e (acos bx + bsin bx) + C,
a® +46*
’:Jﬁa' =OH;j-a
sin by
C, b0,
fe"”‘ms bxdx = [ b G
x+C, b= 0.
(14) % u = 1 + " BIfERRIT 2 = In(u® -1),18
J‘ Ildu = u +C_]a\/1+e I-!_—C.
,/1+e 3’ =1 u+1 ST %80 %1
X
= —
(15)I o u I udu —-u3+C= x 1+C,
2 % V1 = u® =

BHIYxy <0 H x > Oﬁ&g«nﬂ*ﬁﬁ]
(16) i# x = asin u(-% < u < l) ./ a* 2 acos u,dx = acos udu,

R ]

F R

Iw:i—xjcz)&ff = :—4J5ec4udu = ‘:Tj(tnzu. + 1)d(tan )

Ian3u tan u
+ +C

3a° at
’ 3x

] x
[v/(a —x*)* \/a-z - x?

]+ C.

|
r==
i

J*/-ﬂid; =-J(u»,z‘l o

—%(] )T sl 22 & C

“‘Lﬁ/(l +a2 )3 +J1 + 5t e
x

=-3 =

BHYx < 0fMax >0 055 HE.

(17) f i L)da,
1+ 2 1 & u?
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4
[T
quzﬁin wde = — JZuzd{ cos u)

=
(18) Jﬁsin Jadx =

= —2u® cos u + j‘l»MCHS udn

= —2u’cos u + J—4ud( sin u)

= —2u’cos u + 4usin u - J-ﬂlsin wdn

= - 2ufcos u + dusin v + 4cos u + C

= — 2zcosfx + 4 Jxsinfx +4cos fx + C.

(19) Iln(l + 22 )dx = xln(1 + 2?) -Ilzrjdx

+ X

= zln(1 + a*) - 2x + 2arctan x + C.

I

(20) J'Sln Xd Jlanzxsec xdx = Isec3xd1‘ ~ J-sec xdx

cos x

= ( %sec xtan x + %J‘sec :o:d:c) - jsec xdx

sec vdx

l—sec xtan x — H;—In | secx +tan x| + C.
(21) |arctan Jxdx = jﬂmtﬂn.ffd(l +x) = (1 +2)arctan Jx - J-—d:c

= (1 + x)arctanfx — Jx + C.

2 gos e
(22) j——-*‘l i B Y =[ 2] a =:J‘jcsc _d(i)
e 2sin Lcnq — 2
2 2
=1 ,/2ln cs‘c—;——ccﬂ% +C,
E&2 cus-;— > OWERE.%CGS;—' < 0 B fh.
1 -ms%
x
§,’1c05=2—>05ﬂ"ln cs:‘:%—col%‘=lﬂ . x‘
sin —
2
= l g;‘c— -_— u i
|1( CSe > ' cot )
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X
1 - cos —
: 2
%CoS%(UH‘J’,ln (‘:5(-—;——r0l%|=ln —
sin —
2
=1ﬂ( csc% + col%‘)=—|n( csc%’— {:nl%-),
A
+ C.

J’ m .,t’_ln

sin x

C5C '_'}

L -_— T
)f(ur)’- 4](1+r)2¢l(x)

% u = tlan t( —-% o & ?) M1+ u® = sec’t,du = sec’tde, TR

2t + sin 2¢

[Fi = :‘—f«:nsztdz e I

arctan x" 2o

+ + C
8 8(1 +1%)
2

u=z | u
(24) d.i‘ ———{]1
fx +3t + 2 4fu2+3u+2£

%-”l +u~]l-| _u‘iZ)du

—Lu+]f|nl 1l +ul=Inl2«pnl+*C

1]

4 4
4 ! 3
x 1 +x
= — % | + C.
4 n?+x4 2

1
25
( )flf,_,,, f(2-.:)(2+x)(4+x2)

1 1
N ”32(2 %) | 5202 +3) +s(4 + %)

1 2 +x ]

32"‘2-—;\: -f-ﬁarclan 3 + C
(26) sk —
"—.'5-\u=laﬂ%,»f§

b=y iltl::x ) f('l +u)jl(t1 o T J‘[u:i)l T fu g

—

+2arctan u + C = ————— + 12 + C.

x
1 + tan —
+::|n2

2
1 +u

— d
4j(l ERTE ‘
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-

sinx o [sm x(1 = sin x)d;

2

1 +sina cos“x

—f d(cos x) —I(s&czx—l)dx
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i30) f{l :-12’)2 x J-u(l -:Eu)2 ) ”: 14w (1 +u)2]du

=lnwu~-In(l +u) +

= 6ln
| + u
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